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Abstract 
 

Talebi, A. 2008. The relation between geometry, hydrology and stability of complex 
hillslopes examined using low-dimensional hydrological models, Doctoral thesis, 
Wageningen University, Wageningen, The Netherlands.  
 

The hydrologic response of a hillslope to rainfall involves a complex, transient 
saturated-unsaturated interaction that usually leads to a water table rise. An increase of 
saturated groundwater flow can act as the triggering mechanism for slope failure. To account 
for the three-dimensional hillslope shape in which the groundwater flow and storage 
processes take place, simple (low-dimensional) but physically realistic models that represent 
hydrological processes at the hillslope scales are needed for reliable simulation of hillslope 
stability at the landscape scale. In this thesis the focus is on investigating the relation between 
hillslope geometry, hillslope hydrology and slope stability in complex hillslopes and hollows. 

Several models have been presented in this thesis which examine the stability of nine 
characteristic hillslope types (landform elements) with three different profile curvatures 
(concave, straight and convex) and three different plan shapes (convergent, parallel and 
divergent). In addition to testing our models for nine characteristic hillslope types, a general 
relationship between plan shape and profile curvature of landform elements and the factor of 
safety is derived for a predefined hillslope length scale. Our results show that slope stability 
increases when profile curvature changes from concave to convex. In terms of plan shapes, 
changing from convergent to divergent, slope stability increases for all length profiles. Our 
analyses also show that the minimum safety factor occurs when the rate of subsurface flow is 
maximum. In fact, by increasing the subsurface flow, stability decreases for all hillslope 
shapes. Moreover, after a certain period of rainfall, the convergent hillslopes with concave 
and straight profiles become unstable faster than others whilst divergent convex hillslopes 
remain stable (even after intense rainfall). We also demonstrate that in hillslopes with non-
constant soil depth (possible deep landslides), the ones with convex profiles and convergent 
plan shapes have slip surfaces with the minimum safety factor near the outlet region. Finally, 
we demonstrate that, in addition to bedrock slope, hillslope shape as represented by plan 
shape and profile curvature is an important control on hillslope stability.  

With respect to the relation between rainfall occurrence and slope instability, a 
probabilistic model of rainfall-induced shallow landslides in complex hollows is also 
presented to investigate the relation between return period of rainfall, deposit thickness and 
landslide occurrence. A long term analysis of shallow landslides by the presented model 
illustrates that all hollows show a quite different behavior from the stability view point. 
Finally, we conclude that incorporating a more realistic description of hollow hydrology (the 
hillslope-storage Boussinesq model instead of the kinematic wave model) in landslide 
probability models is necessary, especially for hollows with a high convergence degree, 
which are more susceptible to landsliding.  This model helps to theoretically investigate the 
relationship between return period of rainfall and landslide occurrence related to soil 
production (deposit thickness) in complex hollows.  

In summary this thesis aims to understand theoretically how hydrological processes 
(subsurface flow and water table dynamics) affect slope stability in complex hillslopes and 
hollows. The presented models can widely be applied in many investigations of hillslope 
stability analysis because of their relative simplicity (low-dimensional). 

 
Key words: Hillslope geometry, Hillslope hydrology, Hillslope stability, Complex hillslopes, 
Modeling shallow landslides, HSB model, HSB-SM model. 
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1. Introduction 
1.1. Problem definition  

Landslides are common natural phenomena in many parts of the world. A landslide 
event is defined as “the movement of a mass of rock, debris, or earth (soil) down a slope 
(under the influence of gravity) (Cruden, 1991). This definition is the most widely used, and 
is also adopted by the International Geotechnical Societies UNESCO Working Party on the 
World Landslide Inventory (Fell et al., 2000). Landslides constitute one of the major natural 
hazards that cause substantial damage to property and loss of life every year across the globe. 
The term shallow landslide is used to describe movements by which material is displaced 
more or less coherently over a discrete slip surface close to the land surface by disturbing 
gravitational forces (shear stress). It is well known that rainfall is the most important and 
frequent trigger of landslides in general and of shallow landslides in particular (Giannecchini, 
2006). Commonly, it contributes to the triggering of the landslides by means of infiltration 
into the slope cover, which causes an increase in the pore pressure value and a decrease in the 
soil suction value.  

In the study of hydrological processes in landslides, little attention has been paid to 
techniques to determine the origin of groundwater and groundwater flow within landslides 
(Bogaard et al., 2004). However, several studies have established that hydrological processes 
affect the landslide initiation on hillslopes (e.g. Montgomery and Dietrich, 1994; Van Asch et 
al., 1996; Terlien, 1997; Ng and Shi, 1998; Iverson, 2000; Onda et al., 2004; Malet et al., 
2005; Matsushi et al., 2006). Shallow landslides are one of the most common types of 
landslides, which occur frequently in steep, soil-mantled landscapes in different climatic 
zones.  In these shallow soils the soil water balance is controlled by infiltration of rain water, 
unsaturated percolation and a rapid response of the rise of (perched) groundwater during 
storm events (Haneberg and Onder Gocke, 1994). The infiltration of rainfall reduces shear 
strength at the slip surface by increasing pore water pressure and increasing soil weight, 
resulting in increased landslide movement. Although pore water pressure fluctuation is an 
important factor influencing landslide activity, it is difficult to observe its mechanism at 
various depths of the slip surface because of the complex hydrogeological structure (Tsao et 
al., 2005). 

Studies of rainfall-induced landslides mainly focus on the statistical relation between 
landslide occurrence and rainfall (e.g. Finlay et al., 1997; Terlien, 1998; Dai and Lee, 2001; 
Ibsen and Casagli, 2004; Floris and Bozzano, 2007), or on the experimental description of 
landslides (e.g. Reichenbach et al., 1998; Au, 1998; Magirl et al., 2007; Matsushi et al. 
2006). These approaches are important, but they provide no theoretical framework for 
understanding the slope transient pore pressure behaviors in response to rainfall, and its 
hydrological and physical influence on the occurrence of landslides.  

Some researchers (e.g. Montgomery and Dietrich, 1994; Wu and Sidle, 1995; Borga et 
al., 1998; Iida, 1999; Rosso et al., 2006; Claessens et al. 2007) have investigated the effect of 
hydrological processes on slope stability by using the mathematical methods of slope stability 
analysis and modeling. They have defined a soil saturation index which helps predict the 
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groundwater table in function of the groundwater flow and rainfall intensity. These models 
are based on the assumption that groundwater flow is driven by gravity (kinematic wave 
approach), and thus parallel to the ground surface and equal to the total infiltration of rainfall 
in the upstream area. From a hydrological view point, these models are limited to moderate to 
steep slopes (Hilberts et al., 2004) with a straight or divergent plan shape. This is because 
convergent hillslopes tend to concentrate subsurface water into a small area of the hillslope, 
thereby generating rapid pore water pressure increases during storms (Sidle and Ochiai, 
2006) and this process makes these hillslopes to be more susceptible to landslide occurrence. 
Therefore, Kinematic wave models loose their ability to accurately describe the water table 
and hydrographs for gentle and convergent hillslopes. Moreover, in assuming steady state 
rainfall, these models consequently neglect slope-normal redistribution of groundwater 
pressures associated with transient infiltration of rain (Iverson, 2000), indicating they are 
unable to predict the temporal response of landslides to varying rainfall patterns. Dynamic 
models are needed to take into account the transient conditions of hillslope hydrology. 

To study the relation between water table dynamics, subsurface flow and slope 
stability, several researchers (e.g. Iverson 2000; Tsaparas et al., 2002; Wilkinson et al, 2002; 
Frattini et al., 2004; Lan et al., 2005; D’Odorico et al., 2005; Tsai and Yang, 2006; 
Salciarini et al., 2006) use numerical models based on the Richards equation (1D or 2D). 
Nevertheless, by considering the 1D-2D Richards equation, only the vertical redistribution of 
infiltrated rainfall can be examined along with the downslope movement of subsurface flow; 
topographic complexity (both surface and subsurface) is usually not represented (Sidle and 
Ochiai, 2006). None of these studies present models which account for the effect of the three-
dimensional hillslope shape on storage and hillslope stability. Therefore, in order to improve 
our understanding of the role of (three-dimensional) hydrological processes on hillslope 
stability, an attempt to incorporate the topographic structure of hydrologic processes in 
hillslope stability models is required. These hydrological processes should preferably be 
modeled in a low-dimensional yet physically-based manner. 
 
1.2. Objectives of the thesis 

In attempting to accurately model the three-dimensional hillslope hydrological 
processes, 3D Richards equation models are often used.  The 3D Richards equation is highly 
non-linear and requires the solution of extremely large systems of equations even for small 
problems (Paniconi et al., 2003). Moreover, the parameterization and calibration of these 
models is often cumbersome due to the small amount and low accuracy of the available data 
(Hilberts, 2006).  Therefore, to account for the three-dimensional hillslope shape in which the 
groundwater flow and storage processes take place, simple (low-dimensional) but physically 
realistic models that represent hydrological processes at the hillslope scale are needed for 
reliable simulation of hillslope stability at the landscape scale. The general objective of this 
research is to investigate the relation between hillslope geometry, hillslope hydrology and 
slope stability in complex hillslopes and hollows. The main core consists of using the low-
dimensional modeling of hillslope hydrological process to study the slope stability in 
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complex hillslopes, i.e. hillslopes with different plan shape (convergent, parallel and 
divergent) and different profile curvature (concave, straight and convex). The objectives of 
this study can, therefore be, divided into the following specific themes:  

• To present an analytical hillslope stability model to study the role of topography 
(slope gradient, profile curvature and plan shape) on rain-induced shallow landslides. 

• To investigate the relation between soil moisture storage and hillslope stability in 
complex hillslopes (investigating the effect of neglecting the unsaturated storage on 
the assessment of slope stability). 

• To evaluate the critical slip surface in complex hillslopes with non-constant soil depth 
(deep landsliding) by incorporating the low-dimensional modeling of hillslope 
hydrology and a more complex approach of slope stability. 

• To present a dynamic low-dimensional hillslope stability model, to investigate the 
relation between subsurface flow processes and slope stability in complex hillslopes. 

• To generalize a probabilistic hydrogeomorphological model for the stability of 
complex hollows by incorporating the low-dimensional (yet physically-based) 
hydrological model to investigate the relation between rain return period and landslide 
return period in complex hollows. 

Therefore, this thesis aims to investigate theoretically how hydrological processes 
(subsurface flow and water table dynamics) affect slope stability in complex hillslopes and 
hollows. The presented models can be widely be applied in many investigations of hillslope 
stability analysis because of their relative simplicity. In the following an introduction will be 
given to the models that are used and analyzed in this thesis. 

 
1.3. Low-dimensional modeling of subsurface flow processes for slope 

stability in complex hillslopes 
Rainfall-induced landslides are triggered hydrologically, i.e. by a rise in the 

groundwater depth at the slip plane. This raises the pore water pressure that carries part of the 
total weight that acts on the potential slip plane. Subsurface water and the associated pore-
water pressure are the most important factors associated with the occurrence of most 
landslides. Because subsurface flow processes control the movement of infiltrated water 
through the hillslope, they influence both the temporal and spatial characteristics of the pore 
water pressure distribution.  

Recently, some researchers (e.g. Troch et al., 2002, 2003; Hilberts et al., 2004, 2007; 
Berne et al., 2005) have shown that subsurface flow processes are influenced by plan shape 
and profile curvature and the hydraulic properties of the porous medium. The mathematical 
description of these flow processes results in the formulation of the 3D Richards equation 
which is expensive to solve numerically. To overcome difficulties associated with three-
dimensional models, a series of low-dimensional hillslope models have been developed 
(Troch et al., 2002, 2003). These models are able to treat geometric complexity in a simple 
way based on a concept presented by Fan and Bras (1998), resulting in a significant 
reduction in model complexity. This reduction of the dimensionality is achieved by 
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introducing the subsurface storage capacity function, cS . This function (Fan and Bras, 1998) 

defines the thickness of the pore space along the hillslope and accounts for plan shape, 
through the width function, and bedrock profile curvature, through the soil depth function. 
Assuming kinematic wave subsurface flow, Troch et al. (2002) derived the following 
equation: 

)(2
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where f is the drainable porosity, S is the saturated storage, k is the hydraulic conductivity, N 
is the recharge rate, w is the width function, z is the elevation and x is the horizontal distance 
to the hillslope crest. At any position along the hillslope, the relative saturation of the soil 
(wetness index) can be defined as: )(/)()( xSxSx c=σ  which varies between 0 and 1.  

The resulting hillslope-storage kinematic wave model shows quite different dynamic 
behavior during a free drainage and a recharge experiment (Troch et al., 2002; Hilberts et al., 
2004). The authors conclude that the kinematic wave assumption is limited to moderate to 
steep slopes, and that for more gentle slopes a new model formulation based on the 
Boussinesq equation would be necessary. In Troch et al. (2003) the hillslope-storage 
Boussinesq (HSB) model together with several simplified versions (e.g. a linearized version) 
are derived and evaluated under free drainage and recharge scenarios. Troch et al. (2003) 
reformulated the continuity and Darcy equations in terms of storage along the hillslope, 
which leads to the hillslope-storage Boussinesq (HSB) equation for subsurface flow in 
hillslopes:  
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where k is the hydraulic conductivity,β  is the slope angle, x′  is distance to the outlet 
measured parallel to the impermeable layer and S ′  is the saturated storage at a given distance 
x′  from the divide measured perpendicular to the bedrock. In this manner, the 3D soil mantle 
is collapsed into a 1D storage capacity profile, and thus the governing equation is expressed 
in terms of hillslope storage instead of water table height.  The comparison between the 
hillslope-storage Boussinesq and Richards’ equation models for various scenarios and 
hillslope configurations shows that the HSB model is able to capture the general features of 
the storage and outflow responses of complex hillslopes (Paniconi et al. 2003). In order to 
analyze the effect of non-constant profile curvature, Hilberts et al., (2004) developed the 
HSB model for complex hillslopes (hillslopes with different plan shape and profile 
curvature). Therefore, by calculating the saturated storage at each time step of the simulation, 
hillslope stability can be investigated for dynamic hydrological conditions. For long term 
analysis, the linearized steady-state solution of the HSB equation (Berne et al., 2005) can also 
be used to investigate the relation between rainfall characteristics (intensity and duration), 
water table depth and slope stability corresponding to the growth of colluvial deposits in 
complex hollows. 

Generally, slope stability studies are based on the calculation of the factor of safety 
(FS) considering a failure surface. Among the slope stability analysis methods, the infinite 
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slope stability assumption has been widely applied in many investigations (e.g. Montgomery 
and Dietrich, 1994; Wu and Sidle, 1995; Van Beek, 2002; Borga et al., 2002; D’Odorico and 
Fagherazzi, 2003; Hennrich and Crozier, 2004; Claessens, 2005: Rosso et al., 2006) because 
of its relative simplicity, particularly where the thickness of the soil mantle is much smaller 
than the length of the slope and where the failure plane is approximately parallel to the slope 
surface. For hillslopes it is common to define the safety factor as the ratio of the available 
shear strength to the minimum shear strength needed for equilibrium. Shear strength ( nS ) is a 

combination of forces, including the slope normal component of gravity or normal stress 
( nσ ), pore pressure (u) within the material, which counteracts the normal stress, total 

cohesion of the material ( tc ), and the angle of internal friction (φ) (see Figure1.1). The 

driving force that may cause slope failure is shear stress ( nT ), the slope parallel component of 

gravity (W) (Figure 1.1).  
 

      
 
Figure 1.1: Definition sketch of cross section of a hillslope corresponding to the force diagram for 
translational landslides (modified from Ritter, 2004). 
.  
 

As we will show, all presented models in this thesis are composed of three parts: a 
topography model, a hydrological model and a slope stability model. By using a theoretical 
topography model based on the three-dimensional soil mantle (Evans, 1980) and Fan and 
Bras’s work (1998) on collapsing the three-dimensional soil mantle into a one-dimensional 
profile, the stability of nine characteristic hillslope types (landform elements) with three 
different profile curvatures (concave, straight and convex) and three different plan shapes 
(convergent, parallel and divergent) has been studied. For the hydrological model, a steady-
state hydrological model (based on kinematic wave hydrology) of hillslope saturated storage 
(Troch et al., 2002), applicable to a wide range of complex hillslopes, has been used. 
Moreover, to overcome the limitations of a kinematic wave hydrology in gentle slopes 
(Hilberts et al., 2004), the HSB model (Troch et al., 2003; Hilberts et al., 2004; Berne et al., 
2005; Hilberts et al., 2007) has been used for determining shallow subsurface flow and water 
table depth for transient conditions. 
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Finally, by incorporating the relative saturated storage (σ , the ratio between actual 
storage and storage capacity) in the safety factor formulation, the average shallow landslide 
safety factor for complex hillslopes can be presented as follows: 

{ }

dxxxxDxxx

dxxxDxxxxc
FS

sm

L

bm

L

t

)(cos)(sin)(])()())(1([

tan)(cos)(])()())(1[()(

0

2

0

ββγσγσ

φβγσγσ

+−

+−+
=

∫

∫
                         (1.3) 

where mγ , sγ  and bγ  are respectively the moist, saturated and buoyant bulk density.  

Equation 1.3 illustrates how with varying the topographic characteristics and hydrological 
processes, slope stability changes in complex hillslopes.  

To compare the stability of hillslopes with non-constant soil depth (deep landsliding) 
and different geometric characteristics and to find the critical slip surface in these hillslopes a 
more complex approach of slope stability analysis (Janbu, 1954; Bishop, 1955) has also been 
incorporated in the kinematic wave hydrology model based on relative saturated storage. 
Moreover, a linearized version of the HSB model (Berne et al., 2005) has been combined 
with the infinite slope method to analyze the stability of complex hollows corresponding to 
the long-term evolution of colluvial deposits through a probabilistic soil mass balance.   

The advantages of the models presented in this thesis can be summarized as: (i) they 
operate at the hillslope scale and allow to more realistically simulate the space-time evolution 
of saturated storage; (ii) they are easy to connect to more complex slope stability methods (e. 
g. Bishop and Janbu methods) to find the critical slip surface in complex hillslopes; (iii) they 
mimic the three-dimensional behavior of saturated storage and subsurface flow well 
compared to the 3D Richards equation; (iv) they can form the basis of a simple yet effective 
landscape scale model of slope stability (especially for complex hillslopes); and finally (v) 
the presented models in this research help to understand theoretically how geometric 
characteristics and hydrological processes affect slope stability in complex hillslopes and 
hollows.  
 
1.4. Thesis outline 

Besides this introduction (Chapter 1), which sketches the outline of the work, this 
thesis contains five chapters with different aspects covering the main objective and research 
themes mentioned in the previous paragraph. These chapters (2-5) are based on and 
structured as scientific papers published in or submitted to peer reviewed journals 
(introduction, methodology, results, discussion, conclusions). Chapter 2 presents a steady-
state analytical slope stability model for complex hillslopes. We apply our analytical model to 
investigate the stability of nine different hillslope types with a constant length scale by a 
hydrology index (relative saturated storage). In Chapter 3, the analytical model (presented in 
Chapter 2) has been applied to investigate the effect of neglecting the unsaturated storage on 
slope stability. This model is applied also to hillslopes with non-constant soil depth to 
compare the stability of different hillslopes and to find the critical slip surface in hillslopes 
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with different geometric characteristics. In Chapter 4, a low-dimensional dynamic slope 
stability model, coupling the HSB model (Troch et al., 2003; Hilberts et al., 2004) and the 
infinite slope stability model for complex hillslopes (Talebi et al., 2007a), is presented. This 
model is applied to investigate the relation between rainfall, soil moisture storage, subsurface 
flow and slope stability in complex hillslopes. With respect to the relation between rainfall 
occurrence and slope instability, in Chapter 5 a probabilistic model of rainfall-induced 
shallow landslides in complex hollows is presented to investigate the relation between return 
period of rainfall, deposit thickness and landslide occurrence. This model is based on an 
infinite-slope stability analysis for complex hollows, a more realistic description of hollow 
hydrology based on the linearized HSB model (Berne et al., 2005), a statistical model relating 
intensity, duration, and frequency of extreme precipitation, and a probabilistic soil mass 
balance (D’Odorico and Fagherazzi, 2003). Therefore, this model helps to theoretically 
investigate the relationship between return period of rainfall and landslide occurrence related 
to soil production (deposit thickness) in complex hollows. Finally, Chapter 6 summarizes the 
findings of this thesis and provides some recommendations for future research. 

 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 



Chapter 1 
__________________________________________________________________________________ 

 10 

 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 



___________________________________________________________________________ 
 
 
 
 
 
 
 

Chapter 2 
 
 
 
 
 
 
 

A steady-state analytical slope stability model 
for complex hillslopes 

 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 

___________________________________________________________________________ 
This chapter is based on the published paper Talebi, A., P. A. Troch and R. Uijlenhoet 
(2007), A steady-state analytical slope stability model for complex hillslopes, Hydrological 
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2. A steady-state analytical slope stability model for complex 

hillslopes 

 
 
Abstract 

This paper presents a steady-state analytical hillslope stability model to study the role 
of topography on rain-induced shallow landslides. We combine a bivariate continuous 
function of the topographic surface, a steady-state hydrological model of hillslope saturated 
storage, and the infinite slope stability assumption to investigate the interplay between terrain 
characteristics, saturated storage within hillslopes and soil mechanics. We demonstrate the 
model by examining the stability of nine characteristic hillslope types (landform elements) 
with three different profile curvatures (concave, straight and convex) and three different plan 
shapes (convergent, parallel and divergent). For each hillslope type, the steady-state saturated 
storage corresponding to given recharge rates is computed for three different average bedrock 
slope angles. Based on the infinite slope stability method, the factor of safety (FS) along the 
hillslopes is determined. Our results demonstrate that in the steep slopes, the least stable 
situation occurs in hillslopes with convergent plan shapes and concave length profiles, while 
the convex ones are more stable. In addition to testing our method for nine characteristic 
hillslope types, a general relationship between plan shape and profile curvature of landform 
elements and the factor of safety is derived for a predefined hillslope length scale. Our results 
show that slope stability increases when profile curvature changes from concave to convex. 
In terms of plan shapes, changing from convergent to divergent, slope stability increases for 
all length profiles. However, we find that the effect of plan shape is more pronounced for 
convex length profiles. Overall, we demonstrate that, in addition to bedrock slope, hillslope 
shape as represented by plan shape and profile curvature is an important control on hillslope 
stability. 
Keywords: slope stability, hillslope hydrology, kinematic wave. 
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2.1. Introduction  
In general, triggering of shallow landslides is controlled by the strength of the soil and 

the geometry of a slope, although other factors like soil depth (Iida, 1999) and storm 
properties (D’Odorico et al., 2005) also play an important role in the mechanism of landslide 
triggering. For shallow translational landsliding, topography, particularly slope angle and 
convergence, plays an important role in controlling stability (Hennrich and Crozier, 2004). 
Field studies and numerical simulation have shown that bedrock profile curvature and 
hillslope plan shape are the most significant controls on subsurface flow and saturation 
(Troch et al., 2003). Since subsurface flow processes are strongly affecting slope stability, the 
occurrence of landslides is thus controlled twofold by topography (Hennrich and Crozier, 
2004). Montgomery and Dietrich (1994) and Borga et al. (2002) have shown that shallow 
landslides are strongly controlled by surface topography through subsurface flow 
convergence, increased soil saturation, and shear strength reduction.  Iida (1999) states that 
slope angle, slope shape (e.g. concavity or convexity) and the soil (regolith) depth are 
important controlling factors of shallow landsliding.  

In quantitative slope stability studies, the effect of terrain on soil pore pressure during 
periods of extended rainfall has been modeled in two ways: by means of topographic 
(wetness) indexes (e.g. Montgomery and Dietrich, 1994) and through detailed modeling of 
the 3-D flow processes and unsteady rainfall infiltration in hillslopes (e.g. Iverson, 2000; 
Wilkinson et al., 2002 and D’Odorico et al., 2005). Montgomery and Dietrich (1994) 
combined a contour-based steady-state hydrologic model with the infinite slope stability 
model to define slope stability classes based upon slope and specific catchment area. 
Wilkinson et al. (2002) presented a more elaborate model that couples dynamic modeling of 
the hydrology with Janbu's non-circular slip surface stability analysis (Janbu, 1954) and 
Bishop's circular method (Bishop, 1955), accounting for soil cohesion, varying root strength 
and vegetation weight. 

The approach taken in this paper is similar to that of Montgomery and Dietrich (1994) in 
that it combines steady-state hydrologic concepts with the infinite slope stability model, but 
has an important difference, viz. we present an analytical expression for the computation of 
the factor of safety (FS) for the different hillslope types that constitute a landscape. 

This paper describes the development of a steady-state analytical hillslope stability 
model. We start by modeling profile curvature and plan shape of the land surface using a 
bivariate continuous function proposed by Evans (1980). This allows to analytically derive 
the hillslope width function and area function. Combining the hillslope width function with 
an assumed soil depth function and effective porosity results in the formulation of the soil 
moisture storage capacity function. The space-time evolution of saturated storage along such 
hillslopes is modeled by means of the mass conservation equation and a kinematic form of 
Darcy's equation. The resulting quasi-linear wave equation can be solved analytically for 
given boundary and initial conditions (Troch et al., 2002). The steady-state storage profile 
corresponding to a given recharge rate forms the basis for the slope stability analysis. The 
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infinite slope stability model leads to an analytical expression for the factor of safety as 
function of position along the hillslope. 

Finally, we apply our analytical model to investigate the stability of nine different 
hillslope types with a constant length scale. These nine characteristic hillslope types are 
formed by combining three profile curvatures (concave, straight, convex) with three plan 
shapes (convergent, parallel, divergent), and can be considered basic landform elements 
(Pennock et al., 1987). We generalize our results by studying the relation between slope 
angle, profile and plan curvature, and landform stability.  
 
2.2. Model formulation 
2.2.1. Hillslope geometry  

We consider only catchments with moderate to steep terrain and shallow (constant soil 
depth), permeable soil where subsurface storm flow is the dominant flow mechanism. To 
study the effect of topography on rain-induced shallow landsliding, we characterize the 
hillslopes of such catchments by the combined curvature in the gradient direction (profile 
curvature) and the direction perpendicular to the gradient (plan curvature). The profile 
curvature is important because it controls the change of velocity of mass flowing down the 
slope. The plan curvature defines topographic convergence which is an important control on 
subsurface flow concentration. 

One can approximate a certain portion of the topographic surface of a catchment by a 
continuous function. Here we use a specific form of the bivariate function, suggested by 
Evans (1980), to describe the hillslope shape: 

2( , ) (1 / )nz x y E H x L yω= + − +                  (2.1) 
where z is elevation, x is horizontal distance measured in the downstream length direction of 
the surface, y is horizontal distance from the slope centre in the direction perpendicular to the 
length direction (the width direction), E is the minimum elevation of the surface above an 
arbitrary datum, H is the maximum elevation difference defined by the surface, L is the total 
length of the surface, n is a profile curvature parameter, and ω is a plan shape parameter. 
Allowing profile curvature (defined by n) to assume values less than, equal to, or greater than 
1 and plan curvature (defined by ω) to assume either a positive, zero, or negative value, one 
can define nine basic geometric relief forms. Figure 2.1 illustrates the three-dimensional view 
of a convergent hillslope on top of a convex bedrock profile explaining the symbols w, h, d 
and H used in this study. 

The contour lines of the surface defined by Equation 2.1 can be obtained from the 
condition that z is constant, i.e.: 
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Because the streamlines are perpendicular to the contour lines, the following differential 
equation defines the streamlines on this surface: 
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which has as general solution: 
222ln 1

(2 )

nL xy C
n n H L

ω −
⎛ ⎞= − +⎜ ⎟− ⎝ ⎠

                 (2.4) 

where C is an integration constant. A specific value of C can be found by selecting a point on 
the surface which then defines the streamline passing through that point. Equation 2.4 
describes all streamlines generated by Equation 2.1 and allows us to derive the shape of a 
hillslope (a stream tube) in the length direction. Figure 2.2 shows the location of the slope 
divides (streamlines) as well as some contour lines, generated by specific geometric relief 
forms, each belonging to a different basic type (for parameter values see Table 2.1). 

 
 
 

 
 

 
 
 
 
 
 
 
 
 
 
Figure 2.1: Three-dimensional view of a convergent hillslope on top of a convex bedrock profile. 

 
Due to symmetry about the y=0 axis, the width of the hillslope measured in the y 

direction is given by: 
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where )exp(2 Ccw =  defines the width of the hillslope at the outlet )( Lx =  and cs defines the 

degree of topographic convergence. The hillslope drainage area A at a distance x is: 
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Figure 2.2: Plan view of the drainage divides (solid lines) and contour lines (dashed lines) for the 
nine basic hillslope types of Table 1. The upslope divide of each hillslope is at x=0, so the flow 
direction is from right to left. The hillslope length is 100 m and the average bedrock slope angle 

is °= 20β . Hence, H (the maximum elevation difference) is equal to 36.40 m.  

 
Table 2.1: Geometrical parameters for the nine characteristic hillslopes. 

 
ω [10-3 m-1] Hillslope 

Nr. 
Profile 

Curvature 
Plan 

Shape 
n 
[-] 

5.0/ =φβ

 

75.0/ =φβ

 

9.0/ =φβ

 

Area* 
[m2] 

 

1 concave convergent 1.5 +3.6 +5.8 +7.3 2441 
2 concave parallel 1.5 0 5000 
3 concave divergent 1.5 -3.6 -5.8 -7.3 1049 
4 straight convergent 1 +3.6 +5.8 +7.3 2162 
5 straight parallel 1 0 5000 
6 straight divergent 1 -3.6 -5.8 -7.3 2162 
7 convex convergent 0.5 +3.6 +5.8 +7.3 1402 
8 convex parallel 0.5 0 5000 
9 convex divergent 0.5 -3.6 -5.8 -7.3 2268 

* This is the area surrounded by two stream lines acting as drainage divides (assuming a maximum 
width of 50 m), x=0 and x=100 m. 
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2.2.2. Hillslope hydrology 

Subsurface flow processes are influenced by plan and profile curvatures and the 
hydraulic properties of the porous medium. The mathematical description of these flow 
processes results in the formulation of the 3D Richards equation which is difficult to solve 
numerically. One way to overcome this problem is to reduce the dimensionality by 
introducing the subsurface storage capacity function, Sc (Fan and Bras, 1998): 

fxDxwxSc )()()( =                               (2.8) 

where D(x) is the (width-averaged) soil depth at distance x and f is the specific yield or 
effective porosity (also sometimes referred to as drainable porosity). Equation 2.8 defines the 
thickness of the pore space along the hillslope and accounts for plan shape, through the width 
function, and bedrock profile curvature, through the soil depth function. If d(x) is constant (as 
will be assumed in this paper), the bedrock follows the surface defined by Equation 2.1. S(x,t) 
represents the saturated storage at a given distance x from the divide and at time t: 

ftxhxwtxS ),()(),( =                    (2.9) 
where h(x,t) is the (width-averaged) saturated depth, measured vertical from the bedrock up. 

Subsurface flow rate Q is related to the storage S through Darcy’s equation. In steep 
terrain, gravitational forces dominate pressure forces and a kinematic form of Darcy’s 
equation becomes a reasonable simplification of the mathematical description of the flow 
process (e.g. Fan and Bras, 1998; Hilberts et al., 2004; Rezzoug et al., 2005): 
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f
SKQ s ∂
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−=                  (2.10) 

where Ks is saturated hydraulic conductivity of the soil. Combining Equation 2.10 with the 
continuity equation  

)()( xwtN
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∂
∂                  (2.11) 

and assuming no spatial variability in Ks and f, one obtains a quasi-linear wave equation in 
terms of saturated storage that can be solved analytically with the method of characteristics 
(Troch et al., 2002). N in Equation 2.11 is the recharge to the saturated storage and is defined 
as a vertical flux. For shallow permeable soils during heavy rainfall the recharge rate will be 
close to the rainfall intensity. 

Given the hydrological conditions in steep terrain, it is reasonable to assume the 
following initial and boundary conditions: 
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where g(x) is the initial saturated storage along the hillslope. When N is considered to be a 
constant recharge rate the steady-state subsurface flow rate Q(x) = NA(x) (from Equations 
2.11 and 2.7 and the corresponding storage profile is given by (from Equations 2.10 and 
2.1)): 
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At any position along the hillslope the steady-state relative saturation of the soil is now given 
by: 

xzT
Nxa

xS
xSx

c ∂∂
==

/
1)(

)(
)()(σ                (2.14) 

where T = KsD is soil transmissivity and )(/)()( xwxAxa =  is drainage area per unit hillslope 

width. The variable σ describes the steady-state wetness of the soil and is similar to the 
wetness index W derived by Montgomery and Dietrich (1994). 
 
2.2.3. Hillslope stability 

Slope stability studies are based on the calculation of the factor of safety (FS) 
considering a failure surface. For hillslopes it is common to define the safety factor as the 
ratio of the available shear strength to the minimum shear strength needed for equilibrium. 
The infinite slope stability hypothesis has been widely applied in many investigations of 
natural slope stability (e.g. Montgomery and Dietrich, 1994; Wu and Sidle, 1995; Van Beek, 
2002; Borga et al., 2002; D’Odorico and Fagherazzi, 2003; Zaitchik et al., 2003; Hennrich 
and Crozier, 2004; Claessens, 2005) because of its relative simplicity, particularly where the 
thickness of the soil mantle is much smaller than the length of the slope and where the failure 
plane is approximately parallel to the slope surface. The infinite slope model imposes the 
condition that the groundwater flow is parallel to the slope surface. Because of the geometry 
of an infinite slope, overall stability can be determined by analyzing the stability of a single, 
vertical element in the slope. Under these assumptions and with stability expressed by the 
factor of safety, FS, the infinite slope stability equation is given by (Wu and Sidle, 1995; Van 
Beek, 2002): 
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=                         (2.15) 

where tc  is the total soil cohesion, φ is the angle of internal friction, D is the depth to the 

shear plane, β  is the local slope angle, h is the water level above this plane, and mγ , sγ  and 

bγ , are respectively the moist, saturated and buoyant bulk specific weights. 

Applying Equation 2.15 together with the solution for σ(x) (Equation 2.14), we can 
compute the shallow landslide safety factor for cohesionless soils as follows: 
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where FS(x) is the factor of safety at location x along the hillslope, mρ  is the moist soil 

density, sρ  is the saturated soil density and bρ  is the buoyant density defined as 

wsb ρρρ −= , where wρ  is density of water. If one assumes that the soil density above and 

below the water table is the same and equal to sρ  , then Equation 2.16 can be written as: 
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Again, Equation 2.17 is the basic equation used by Montgomery and Dietrich (1994) to study 
shallow landslides. It should be noted that Equation 2.17 defines the factor of safety at a 
given location along the hillslope where soil depth and slope angle are constant. In order to 
derive the FS  for the entire hillslope given a steady-state rainfall input, the following 
expression is proposed: 

∫

∫ ⎥
⎦

⎤
⎢
⎣

⎡
⎟⎟
⎠

⎞
⎜⎜
⎝

⎛
−

= L

L

s

w

dxxx

dxxx
FS

0

2

0

)(cos)(sin

tan)(cos)(1

ββ

φβ
ρ
ρ

σ
                         (2.18) 

 
2.2.4. Analytical solution for straight hillslopes 

If β  is constant along the hillslope, Equation 2.18 reduces to: 
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where σ  is the average relative saturation along the hillslope. Note that Equation 2.19 is 
simply the average of Equation 2.17. The assumption of a constant β  is equivalent to taking 

1=n  in Equation 2.1. In that case it is possible to obtain an analytical solution to Equation 
2.19. If 1=n  (straight hillslopes) the width function (Equation 2.5) reduces to: 
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where 0w  is the hillslope width at the upstream divide )0( =x . Note that Equation 2.20 is the 

exponential width function, which has been employed previously in hillslope hydrology 
(Troch et al., 2003; Berne et al., 2005). As a consequence the hillslope drainage area 
upstream of x becomes: 
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Recall that in the steady-state the subsurface flow rate at location x is simply Q(x) = NA(x). 
Therefore, the saturated storage profile for straight hillslopes (where LHxz // −=∂∂ ) can be 
calculated as: 
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Dividing by the subsurface storage capacity function dfxwxSc )()(( = ) leads to the 

following steady-state relative soil saturation profile: 
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Note that this reduces to a triangular profile ( )/()( DHKNLxx s=σ ) in the limit where ω  

approaches 0 (parallel hillslopes). Finally, taking the average of Equation 2.23 between 0=x  
and Lx =  yields: 
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which reduces to  )2/(2 DHKNL s=σ  for parallel hillslopes ( 0=ω ). Substitution of 

Equation 2.24 in Equation 2.19 gives the desired analytical solution for the hillslope factor of 
safety ( FS ).   
 
2.3. Stability of basic hillslope types 

To study the effect of plan shape and profile curvature of the hillslope on its stability, 
we apply the model to a set of nine characteristic hillslopes. The nine characteristic hillslopes 
consist of three plan shapes (convergent, parallel, and divergent) and three profile curvatures 
(concave, straight, convex). Figure 2.2 illustrates the nine basic hillslope types used in this 
study. The parameters used to generate them are listed in Table 2.1. The horizontal length of 
the nine hillslopes is chosen to be constant (L = 100 m), whereas the average slope angle will 
be varied in subsequent applications. 

These nine hillslopes represent a wide range of landforms traditionally considered in 
hydrology and geomorphology (Pennock et al., 1987). For different hillslopes within a 
catchment each individual hillslope type can be fitted using the geometrical scaling 
parameters H, L, and n to the observed terrain profile curvature, and a proper choice of ω to 
represent plan curvature (obviously, 0=ω  for parallel hillslopes). In order to reduce the 
number of free parameters that define the topographic surface of the hillslope we take ω 
equal to )/( 2LH+  for convergent hillslopes and equal to )/( 2LH−  for divergent hillslopes. 
This has the added advantage that streamlines do not converge immediately on the surface 
when the average gradient approaches zero (see Equation 2.6). A maximum hillslope width 
of 50 m is assumed, which defines the value of wc  in Equation 2.5.  

 
Table 2.2: Hydrological and geotechnical parameters. 
 

Parameter group Parameter name Symbol Units Value 
Saturated hydraulic conductivity Ks m s-1 0.0001 
Effective porosity f - 0.34 

Hydrological 

Recharge N mm d-1 10 
Total soil cohesion 

tc  kN m-2 0 

Effective angle of internal friction φ  ° 40 

Slice length dx m 0.5 
Saturated soil density 

sρ  kg m-3 1600 

Geotechnical 

Density of water 
wρ  kg m-3 1000 
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Figure 2.3 shows the relative saturated storage along these hillslopes and Table 2.2 lists 
the values of the hydrological variables used to generate these storage profiles. The effect of 
plan shape and profile curvature on saturated storage is clear from inspection of Figure 2.3. 
Hillslopes with convergent plan shape (1, 4 and 7) and concave profile curvature (1, 2 and 3) 
have the largest saturated section. This should have important consequences on slope 
stability, as will be discussed hereafter. 
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Figure 2.3: Relative saturated storage along the nine basic hillslopes of Table 2.1 for a constant 
recharge rate of 10 mm d-1 (solid line: φβ / =0.5; dashed line: φβ / =0.75; dotted line: φβ / =0.9). 
Relative storage in excess of one indicates surface saturation and overland flow regions.  

 
Figure 2.4 reports the values of the average safety factor (Equation 2.18) for each 

hillslope and for three different average bedrock slope angles. For all profile curvatures, the 
overall slope stability increases when plan shape changes from convergent to divergent. For 
the parallel hillslopes (2, 5, and 8) the FS slightly drops when profile curvature changes from 
convex to concave. For the convergent hillslopes (1, 4, and 7) the same trend is observed: the 
FS increases slightly when profile curvature changes from concave to convex. In both cases, 
this is due to a decrease in saturated storage near the outlet when profile curvature changes 
from concave to convex (see Figure 2.3). For divergent hillslopes (3, 6, and 9) the FS stays 
almost the same, independent of profile curvature. This is due to the relatively small storages 
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in these hillslopes. In conclusion, it seems that the convergent concave hillslope (hillslope 1 
in Figure 2.2) is the least stable among the nine basic hillslope types studied here and will be 
prone to failure as the constant rainfall rate would increase.  
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Figure 2.4: Factor of safety for the nine basic hillslopes of Table 2.1 as computed using Equation 
2.18. Slope angle is equal to 20°, 30°, and 36° ( φβ /  = 0.5, 0.75, and 0.9) in the first, second and 
third panels, respectively. 
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In order to generalize these results we have computed the factor of safety for a wider 
range of plan shapes and profile curvatures. Figure 2.5 presents these results, where FS is 
plotted in (n,ω) space, again for three different ratio’s of the average bedrock slope angle to 
the effective angle of internal friction (β/φ  = 0.5, 0.75, and 0.9). For convenience the 
locations of the nine basic hillslopes treated above have been indicated as well. We see that 
the general shape of the FS surface does not change much with increasing bedrock slope 
angle, so that we can limit our discussion of the figure to the most critical case (β/φ = 0.9). 
       In general, the maximum stability is reached for small values of n, i.e. for convex 
hillslopes, and for negative values of ω, i.e. for divergent hillslopes. For concave bedrock 
profiles (n>1), stability decreases slightly when plan shape changes from divergent (ω<0) to 
convergent (ω>0). This is due to the increasing saturated storage near the outlet for 
convergent hillslopes. For strongly convex profiles (n<0.5) there is a large effect of plan 
shape: as plan shape changes from divergent to convergent, the FS drops quickly (the contour 
lines of the FS surface are closely aligned). As a final result, when profile curvature changes 
from concave to convex, stability increases. However, this effect is more pronounced when it 
changes from straight to convex (see Figure 2.5).  
 
2.4. Discussion and conclusion 

The approach described in this paper provides an analytical hillslope stability model for 
assessing the relation between slope geometry and slope stability. The model consists of a 
topography model, a steady-state hydrological model and the infinite slope stability 
assumption. The presented hydrological model takes account of the effects of topography on 
hillslope saturated storage through the plan shape and profile curvature. By varying these two 
parameters, nine basic hillslope shapes were used to compute their factor of safety (FS) for 
given hydraulic and hydrologic conditions. The proposed hillslope stability model generalizes 
the results from other studies (e.g. Montgomery and Dietrich, 1994; Wu and Sidle, 1995) in 
that slope geometry and its effect on steady-state saturated storage is explicitly taken into 
account in a closed (analytical) form. 

We have demonstrated that these nine basic hillslopes show quite different behavior from 
the stability viewpoint. Based on this analysis, it is shown that in addition to average bedrock 
slope angle, topographic characteristics (especially profile curvature and plan shape) of the 
hillslope control the subsurface flow and this process affects slope stability by changing the 
soil strength. In particular, when the width function (plan shape) changes from convergent to 
divergent, hillslope stability generally increases. However, this effect is more pronounced for 
convex length profiles. As a result, for a given plan shape (convergent, parallel or divergent) 
convex hillslopes are generally more stable than either concave or straight hillslopes, 
particularly when the average bedrock slope angle approaches the effective angle of internal 
friction.  
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Figure 2.5: Relation between the factor of safety and profile curvature and plan shape changes for 
three different bedrock slope angles ( φβ /  = 0.5, 0.75, and 0.9 in the first, second and third panels, 
respectively). The bold numbers correspond to the nine basic hillslope types of Table 2.1 and Figure 
2.4. 
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Several assumptions have been made to derive the relationships in this approach. 
Although the assumptions incorporated in the model limits its use, the model can determine 
relative stability in different hillslopes with different profile curvature and plan shape.  The 
first assumption is the use of the kinematic wave approximation for subsurface flow. The 
advantages of the kinematic wave approximation are, first, that analytical solutions exist, and 
second, that the model accounts explicitly for the profile curvature and plan shape (Troch et 
al., 2002). The main disadvantage of the kinematic wave approximation is that it does not 
account for diffuse drainage, hence the model is not applicable for gently to moderately 
sloping terrains. It should be noted that the key element for initiation of shallow landslides is 
the average bedrock slope angle, such that instability takes place only in steep sloping terrain. 
Therefore this assumption is not expected to have a large influence on the slope stability 
analysis. 

Another assumption is that soil density above and below the water table is the same in 
the steady-state condition. Future research will attempt to relax this assumption by combining 
the saturated storage hydrological model with a steady-state unsaturated storage hydrological 
model. This will allow us to derive soil moisture profiles defined by the constant rainfall rate 
and the lower boundary condition (i.e. the groundwater level) from which the unsaturated soil 
density can be computed. 

The steady-state hydrologic model requires the assumption that the predicted spatial 
pattern of critical steady-state rainfall represents that which occurs during an unsteady, 
landslide producing rainfall event (Claessens, 2005). In general, the notion of critical rainfall 
should only be considered as a relative measure of failure potential (Borga et al., 2002). For 
the model presented in this paper, soil properties (hydraulic conductivity, soil depth and 
drainable porosity) are considered to be spatially uniform over the hillslope domain and 
constant in time. 
       It is important to recognize that all forces in the infinite slope analysis are assumed to 
vary only in the direction normal to the ground surface. The mathematical simplicity that 
results from this assumption makes the infinite slope analysis well-suited for drawing 
conclusions about the effects of ground water flow on slope stability (Borga et al., 2002). The 
performance of the infinite slope hypothesis adopted here with respect to alternative 
approaches to estimate slope stability (such as the Bishop and Janbu methods) is the subject 
of ongoing investigations. The presented model proves to be an efficient tool for evaluating 
slope stability in hillslopes with different geometrical characteristics. One of its limitations 
lies in the steady-state hydrology. More research is needed to account for a dynamic slope 
stability model.  
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3. Soil moisture storage and hillslope stability 

 
 
Abstract   

Recently, we presented a steady-state analytical hillslope stability model to study rain-
induced shallow landslides. This model is based on kinematic wave dynamics of saturated 
subsurface storage and the infinite slope stability assumption. Here we apply the model to 
investigate the effect of neglecting the unsaturated storage on the assessment of slope 
stability in the steady-state hydrology. For that purpose we extend the hydrological model to 
compute the soil pore pressure distribution over the entire flow domain. We also apply this 
model for hillslopes with non-constant soil depth to compare the stability of different 
hillslopes and to find the critical slip surface in hillslopes with different geometric 
characteristics. In order to do this, we incorporate more complex approaches to compute 
slope stability (Janbu’s non-circular method and Bishop’s simplified method) in the steady-
state analytical hillslope stability model. We compare the safety factor (FS) derived from the 
infinite slope stability method and the more complex approach for two cases: with and 
without the soil moisture profile in the unsaturated zone. We apply this extended hillslope 
stability model to nine characteristic hillslope types with three different profile curvatures 
(concave, straight, convex) and three different plan shapes (convergent, parallel, divergent). 
Overall, we find that unsaturated zone storage does not play a critical role in determining the 
factor of safety for shallow and deep landslides. As a result, the effect of the unsaturated zone 
storage on slope stability can be neglected in the steady-state hydrology and one can assume 
the same bulk specific weight below and above the water table. We find that steep slopes 
with concave profile and convergent plan shape have the least stability. We also demonstrate 
that in hillslopes with non-constant soil depth (possible deep landslides), the ones with 
convex profiles and convergent plan shapes have slip surfaces with the minimum safety 
factor near the outlet region. In general, when plan shape changes from divergent to 
convergent, stability decreases for all length profiles. Finally, we show that the applied slope 
stability methods and steady-state hydrology model based on the relative saturated storage 
can be used safely to investigate the relation between hillslope geometry and hillslope 
stability. 
Keywords: soil moisture, hillslope stability, hillslope hydrology. 
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3.1. Introduction 
Slope instability in steep mountainous terrain is a major problem to land managers 

worldwide. One of the types of hillslope instability occurs in the form of shallow landslides. 
Shallow landslides are one of the most common types of landslides in steep, soil-mantled 
landscapes in different climate zones. Recently, theoretical models have been developed to 
predict how landslide susceptibility depends on topographic and hydrologic variables (e.g. 
Sidle, 1992; Montgomery and Dietrich, 1994; Wu and Sidle, 1995; Borga et al., 2002; Van 
Beek, 2002; Claessens, 2005). In all of these models, topography has been introduced as a 
factor affecting slope stability. The effect of terrain on soil pore pressure during periods of 
extended rainfall has been modeled in two ways: by means of topographic (wetness) indices 
(e.g. Montgomery and Dietrich, 1994; Claessens, 2005; Rosso et al., 2006) and through 
detailed modeling of the 3-D flow processes along hillslopes (e.g. Cai et al., 1998; Wilkinson 
et al., 2000). Montgomery and Dietrich (1994) presented a simple model for the topographic 
influence on shallow landslide initiation by combining a contour-based steady-state 
hydrologic model with the infinite slope stability model to define slope stability classes based 
upon slope and specific drainage area. Montgomery et al. (1998) developed this model further 
(SHALSTAB) to evaluate slope instability associated with the potential occurrence of 
shallow landsliding. Although several applications show this approach to be capable of 
capturing the spatial variability of shallow landslide hazard, it only accounts for straight 
hillslopes with infinite length profile, neglecting other topographic characteristics (e.g. plan 
shape and profile curvature, as well as variable soil depth). 

Anderson and Kemp (1991) presented a combined detailed hydrology and stability 
model (CHASM) that allows the simulation of changes in pore water pressures in response to 
individual rainfall events, and consider their role in maintaining slope stability. Further 
developments of this model presented by Wilkinson et al. (2002) couples dynamic modeling 
of the hydrology with Janbu’s non-circular slip surface stability analysis (Janbu, 1954), 
accounting for soil cohesion, slope plan topography and vegetation.  

To investigate the key role of geometric characteristics of hillslopes (plan shape and 
profile curvature) on shallow landslides, Talebi et al. (2007a) presented a steady-state 
analytical hillslope stability model based on kinematic wave subsurface storage dynamics. 
Their analytical approach is similar to the method of Montgomery and Dietrich (1994) in that 
it combines steady-state hydrologic concepts with the infinite slope stability model, but has 
an important difference. Talebi et al. (2007a) presented a complete analytical expression for 
the computation of the factor of safety (FS) for finite hillslopes. Possible shortcomings of 
their approach, however, are that the analytical model does not include the effect of 
unsaturated storage on slope stability, and that it applies infinite slope stability computations 
to finite hillslope types. The first purpose of this study is to investigate the appropriateness of 
those simplifying assumptions (neglecting the unsaturated zone storage and the infinite slope 
stability approach) for the accurate determination of the factor of safety for shallow 
landslides. Therefore, in this paper, the infinite slope stability method is replaced by a more 
complex approach (Janbu’s non-circular method and Bishop’s simplified method) to compute 
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the stability and the critical slip surface in hillslopes with different geometric characteristics 
and different soil depth (to allow for possible deep landslides). The latter approach is similar 
to Wilkinson et al. (2002) but it considers unsaturated zone storage by computing vertical soil 
moisture profiles from steady-state solutions to Richards’ equation (Rockhold et al., 1997).   

Section 3.2 briefly summarizes the development of the steady-state analytical hillslope 
stability model (Talebi et al., 2007a). This model computes the space-time evolution of 
saturated storage along hillslopes by means of the mass conservation equation and a 
kinematic form of Darcy’s equation (Troch et al., 2002). The steady-state storage profile 
corresponding to a given recharge rate forms the basis for the slope stability analysis. The 
infinite slope stability model leads to an analytical expression for the factor of safety as a 
function of position along the hillslope.  

 In section 3.3 we present an extension to the hydrological component of this model 
that accounts for unsaturated zone storage based on steady-state solutions to the 1D Richards’ 
equation (Rockhold et al., 1997). With respect to the influence of soil suction on soil cohesion 
(Fredlund, 1978), we also investigate the effect of the unsaturated zone storage on soil 
cohesion and thus slope stability.  Therefore, the safety factor will be calculated with and 
without considering the soil moisture profiles in the unsaturated zone.  

As soil depth usually is not constant and failures are often non-parallel to the bedrock 
(due to hydrological and geological discontinuities within the hillslope profile), the infinite 
slope stability assumption needs to be relaxed. In Section 3.4 we further extend the model to 
compute the factor of safety by using Bishop’s circular method and Janbu’s non-circular 
method. Bishop’s method assumes zero interslice shear forces, satisfies moment equilibrium 
around the center of the circular failure surface and satisfies vertical force equilibrium. The 
Janbu method assumes that failure occurs through sliding of a block of soil on a non-circular 
slip surface. In this paper, we use Bishop’s method to find the critical slip surface and Janbu’s 
method to compare the stability of hillslopes with a common slip surface. 

Section 3.5 explains the main results of the paper and describes the application of the 
analytical model and the more complex approach to investigate the stability of nine different 
hillslope types with a constant length scale. We generalize our results by studying the relation 
between slope angle, profile and plan curvature, and landform stability (with and without the 
effect of unsaturated zone storage). Hillslope stability is studied for two cases (constant and 
non-constant soil depth).  The focus of this paper lies in a comparison of the two cases of 
slope stability analysis to determine the role of hillslope geometry (profile curvature and plan 
shape) on hillslope stability with and without considering the unsaturated zone storage. The 
first case is based on infinite slope assumption (constant soil depth) and the second one is 
based on Janbu’s non-circular method (Janbu, 1954) and Bishop’s simplified (Bishop, 1955) 
method (non-constant soil depth). Finally, Section 3.6 summarizes the main results of the 
paper. 
 
3.2. Steady-state analytical hillslope stability model  

Here we summarize the main features of the hillslope stability model recently 
developed by Talebi et al. (2007a). This model applies to catchments with moderate to steep 
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terrain and shallow, permeable soils where subsurface storm flow is the dominant flow 
mechanism. To study the effect of topography on rain-induced shallow landsliding, the 
hillslopes of such catchments are characterized by the combined curvature in the gradient 
direction (profile curvature) and the direction perpendicular to the gradient (contour or plan 
curvature). The profile curvature is important because it controls the change of velocity of 
mass flowing down the slope and the plan curvature defines topographic convergence which 
is an important control on subsurface flow concentration (Troch et al., 2002). Other 
investigations (e.g. Montgomery and Dietrich, 1994; Borga et al., 2002; Hennrich and 
Crozier, 2004) have also shown that shallow landslides are strongly controlled by subsurface 
flow convergence. The surface of an individual hillslope is represented by the following 
bivariate function (Evans, 1980): 

2( , ) (1 / )nz x y E H x L yω= + − +                                          (3.1)  
where z is the elevation, x is the horizontal distance measured in the downstream length 
direction of the surface, y is the horizontal distance from the slope centre in the direction 
perpendicular to the length direction (the width direction), E is the minimum elevation of the 
surface above an arbitrary datum, H is the maximum elevation difference defined by the 
surface, L is the total length of the surface, n is a profile curvature parameter, and ω is a plan 
curvature parameter. Allowing profile curvature (defined by n) to assume values less than, 
equal to, or greater than 1 and plan curvature (defined by ω) to assume either a positive, zero, 
or negative value, one can define different basic geometric relief forms. Subsurface flow 
processes are influenced by plan and profile curvatures and the hydraulic properties of the 
porous medium. The mathematical description of these flow processes results in the 
formulation of the 3D Richards equation which is difficult to solve analytically and 
numerically. One way to overcome this problem is to reduce the dimensionality by 
introducing the subsurface storage capacity function defined by the hillslope width at flow 
distance x, the average soil depth at that distance and the effective porosity. Assuming 
kinematic wave subsurface flow, Troch et al. (2002) derived the following analytical 
expression for steady-state saturated storage of the hillslope: 

)()1()( 1 xNA
L
x

Hnk
fLxS n

s

−−=                             (3.2) 

where  f is the drainable porosity, sk  is the saturated hydraulic conductivity, N is the 

(constant) recharge rate, A(x) is the upstream drainage area at location x and S(x) represents 
the saturated storage at a given distance x from the divide. Dividing by the storage capacity 
function, cS  one finds the relative saturated storage: 
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)()(

xS
xSx

c

=σ                                 (3.3)  

The variable σ  describes the steady-state wetness of the soil. Note that )()()( xDxfwxSc =  

where w(x) is the hillslope width function and D(x) is the (width-averaged) soil depth at 
distance x. 



Soil moisture storage and hillslope stability 
__________________________________________________________________________________ 

 33

Slope stability studies are based on the calculation of the factor of safety (FS) 
considering a failure surface. For hillslopes it is common to define the safety factor as the 
ratio of the available shear strength to the minimum shear strength needed for equilibrium. 
With stability expressed by the factor of safety, FS, the infinite slope stability equation is 
given by (Wu and Sidle, 1995; Van Beek, 2002): 

ββγγ
φβγγ

cossin])())([(
tancos])())([(

)(
2

sm
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xhxhD
xhxhDc

xFS
+−
+−+

=                                  (3.4) 

where tc  is the total soil cohesion, φ is the angle of internal friction, D is the depth to the 

shear plane (vertical soil depth), β  is the slope angle, h is the water level above this plane, 
and mγ , sγ  and bγ , are respectively the moist, saturated and buoyant bulk specific weights 

(the buoyant bulk specific weight is defined as wsb γγγ −= ). Applying Equation 3.4 together 

with the solution for σ(x) (Equation 3.3), and by assuming the same soil density for whole 
soil profile (above and below the water table), Talebi et al. (2007a) presented the following 
simple equation to compute the shallow landslide safety factor for cohesionless soils:  
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where wρ  and sρ  are the density of water and saturated soil, respectively.    

 
3.3. Incorporating the unsaturated zone storage  

The computation of mγ  (moist bulk specific weight) and tc  (total soil cohesion) 

involves the assessment of the water storage in the unsaturated zone (the zone between the 
steady-state water table and the land surface). For steady vertical water flow in the 
unsaturated zone, Darcy’s law gives (Rockhold et al., 1997):  

∫ −
=−

T

B
kN
dZZ BT

ψ

ψ ψ
ψ

1)(/
                            (3.6) 

where Z is the depth, ψ is the soil-water suction (negative pressure head), N is the steady-
state recharge flux, )(ψk  is the hydraulic conductivity, and subscripts T and B denote the 
top and bottom, respectively, of a layer with uniform, homogeneous hydraulic properties. 
Note that Equation 3.6 is written such that Z is positive downward and N is positive for 
infiltration. An exact analytical solution to Equation 3.6 was obtained by Gardner (1958) 
using the exponential )(ψk function:  

)exp()( αψψ −= skk                                          (3.7) 

where sk is the saturated hydraulic conductivity and α  is a parameter. The resulting 

analytical solution to Equation 3.6 is: 
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where ψT and ψB are the soil-water suction head at the top and bottom of each layer 
respectively and skN /=λ . From Equation 3.8 and the soil water retention characteristic, 

the soil moisture (θ ) profile can be determined. Here we use the van Genuchten equation 
(van Genuchten, 1980): 

( ) ( )[1 ( ) ]v vn m
r s r vθ ψ θ θ θ α ψ −= + − +                                         (3.9)  

to model the soil water retention characteristic. The parameters vα  and nv are empirical 

constants that affect the shape of the function and mv =1-1/nv. The parameters rθ  and sθ  are 

the residual and saturated water content, respectively. Combining Equations 3.8 and 3.9 
allows the computation of the soil moisture profile in the unsaturated zone. We are now able 
to derive the average soil moisture content in the unsaturated zone, which allows computing 
the moist bulk specific weight ( mγ ) at each position along the hillslope.  

With respect to the influence of soil suction on the slope stability, Fredlund (1978) 
proposed a linear shear strength equation for an unsaturated soil. According to this model, the 
total cohesion of the soil can be calculated as: 

b
vaet uucc φtan)( −+=                                                                                (3.10) 

where ce is the effective cohesion of saturated soil, )( va uu −  is the matric suction of the soil 

on the plane of failure where ua and uv (kPa) are the pressures of pore air and pore water, 
respectively. In other words, )( va uu − equals the soil water suction expressed in kPa. For 

slope stability analysis, the pore air pressure is assumed to be atmospheric and constant. bφ  is 
the angle of shearing resistance with respect to matric suction (degrees). It has been 
demonstrated (e.g. Gan et al., 1988; Oeberg and Sallfors, 1997) that bφ is a nonlinear 
function of matric suction, however, it is difficult to determine the detailed pattern of 
decreasing bφ  with increasing suction (Jiao et al., 2005). Vanapalli et al. (1996) proposed 

that the relation between bφ  and φ  is determined by the degree of saturation as follows: 

φ
θθ
θθ

tan)( ⎟⎟
⎠

⎞
⎜⎜
⎝

⎛
−
−

−+=
rs

r
vaet uucc                                                    (3.11) 

Substituting the average soil moisture content and the average soil water suction into 
Equation 3.11 leads to a value of the soil cohesion in the unsaturated zone for each position 
along the hillslope. Finally, the total soil cohesion at each position is calculated as a weighted 
average of the soil cohesion in the unsaturated and saturated zone. 
         
3.4. Different methods for hillslope stability analysis  
3.4.1. Infinite slope method 

First we generalize the infinite slope method by incorporating the effects of the 
unsaturated zone into Equation 3.4. If we assume the height of the water table, the moist bulk 
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specific weight and the total soil cohesion to be dependent on the x-coordinate, the local 
factor of safety can be calculated as:    

)(cos)(sin)(])()())(1[(
tan)(cos)(])()())(1[()(

)(
2

xxxDxxx
xxDxxxxc

xFS
sm

bmt

ββγσγσ
φβγσγσ

+−
+−+

=                           (3.12) 

where FS(x) is the factor of safety at location x along the hillslope. Note that mγ  is calculated 

based on the weight of dry soil and the soil moisture content (Equation 3.9) at each position 
along the hillslope. 

Obviously, Equation 3.12 defines the factor of safety at a given location along the 
hillslope where soil depth and slope angle are constant. In order to derive the FS for the entire 
hillslope given a steady-state rainfall input, the following expression is proposed: 

{ }

dxxxxDxxx

dxxxDxxxxc
FS

sm

L

bm

L

t

)(cos)(sin)(])()())(1([

tan)(cos)(])()())(1[()(

0

2

0

ββγσγσ

φβγσγσ

+−

+−+
=

∫

∫
                              (3.13) 

 
3.4.2. More complex approaches toward hillslope stability 

Limit equilibrium methods have been used for decades to safely design major 
geotechnical structures. Bishop’s simplified method, utilizing a circular arc slip surface, is 
probably the most popular limit equilibrium method (Han and Leshchinsky, 2004).  Although 
Bishop’s method is not rigorous in the sense that it does not satisfy horizontal force limit 
equilibrium, it is simple to apply and, in many practical problems, it yields results close to 
rigorous limit equilibrium methods. In this paper Bishop’s simplified method (Bishop, 1955) 
and Janbu’s non-circular method (Janbu, 1954) are used for the hillslope stability analysis. 
Bishop’s method assumes zero interslice shear forces, satisfies moment equilibrium around 
the center of the circular failure surface and vertical force equilibrium. The factor of safety 
according to this method is computed as: 
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where 
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and 

)(cos)tan)(tan1()( x
FS

xxM βφβ+=                           (3.16) 

In the Janbu method, the assumption is made that the interslice shear forces are zero 
and thus the expression obtained from the total normal force at the base of each slice is the 
same as that obtained by the Bishop method. To allow for the effect of the interslice shear 
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force, a correction factor 0f  is applied (taken to be 1 here); thus the factor of safety of the 

slope (FS) in the Janbu method is given as: 
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In these equations, tc  is the total soil cohesion, dx is the horizontal slice width, u is the pore 

water pressure, φ  is the effective angle of internal friction and W(x)dx is the weight of a soil 
slice. The computation of W involves the assessment of the water storage in the unsaturated 
zone (Section 3.3).  Since Equation 3.14 and 3.17 are implicit equations in FS, this set of 
equations must be solved iteratively.  
 
3.4.3. Reference case: neglecting the effect of the unsaturated zone 

For all three slope stability methods presented above, we also consider the simplifying 
situation where the unsaturated zone does not play a role in the steady-state hydrology. For 
the infinite slope method, the assumption of the same bulk specific weight above and below 
the water table leads to following simplification of Equation 3.13:   
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In case of the complex slope stability approach (Equations 3.14-3.17), the safety factor 
can be calculated by considering )(cos)()( xxhxu w βγ=  and )()( xDxW sγ= , where 

( )wfSh /=  (see Troch et al., 2002). By incorporating u (based on S, the saturated soil 
storage) and W (based on sγ , the specific weight of the saturated soil), the presented models 

can be used for hillslopes with different geometrical characteristics (plan shape and profile 
curvature) and constant or non-constant soil depth. They can help understanding the 
hydrologic control of shallow and deep landslides in the case of steady-state hydrology.  
 
3.5. Results and discussion 
3.5.1. Evaluation of different approaches to model hillslope stability 

To investigate the critical slip surface and effect of the unsaturated zone storage on 
slope stability, we evaluate 6 possible slope stability computations: Case A: the same bulk 
specific weight for saturated and unsaturated storage and the infinite slope stability 
assumption (as in Talebi et al., 2007a, our base case); Case B: considering the soil moisture 
profile (unsaturated storage) and the infinite slope stability assumption; Case C: the same 
bulk specific weight for saturated and unsaturated storage and Bishop’s circular slip surface 
method; Case D: considering the soil moisture profile (unsaturated zone storage) and 
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Bishop’s circular slip surface method; Case E: the same bulk specific weight for saturated 
and unsaturated storage and Janbu’s non-circular slip surface method; and finally Case F: 
considering the soil moisture profile (unsaturated zone storage) and Janbu’s non-circular slip 
surface method (see Table 3.1). We apply these 6 cases to nine different hillslope types. 
These nine characteristic hillslopes consist of three plan shapes (divergent, parallel, and 
convergent) and three profile curvatures (convex, straight, and concave). Figure 3.1 illustrates 
the nine basic hillslope types used in this study. The parameters to generate them are listed in 
Table 3.2. The horizontal length of the nine hillslopes is chosen to be constant (L=100 m), 
whereas the average slope is 26, 41 and 50 percent (β/φ= 0.5, 0.75 and 0.9) for the infinite 
slope method. As the soil depth is changed along the x direction in the complex slope stability 
approach, the bedrock slope and surface slope angle are assumed 30 and 50 percent (β/φ= 0.6 
and 0.9), respectively. These nine hillslopes represent a wide range of landforms traditionally 
considered in hydrology and geomorphology (Pennock et al., 1987). For different hillslopes 
within a catchment each individual hillslope type can be adjusted to the observed terrain 
profile curvature using the geometrical scaling parameters H, L, and n and a proper choice of 
ω to represent plan shape.  

 
Table 3.1: Hydrological assumptions and stability methods used in this study. 

                                Stability 
Hydrology 

 
Infinite slope Bishop* Janbu* 

Constant bulk specific 
weight 

 
A 

 
C 

 
E 

 
Saturated/Unsaturated 

 
B 

 
D 

 
F 

 
* Note that for the Bishop and Janbu method, the soil depth is changed along the hillslope. 
 
 
Table 3.2: Geometrical parameters for the nine characteristic hillslopes  
 
Hillslope 

Nr. 
Profile 

Curvature 
Plan Shape n [-] ω  [10-3 m-1]* Area [m2] 

1 concave convergent 1.5 +2.7 2441 
2 concave parallel 1.5 0 5000 
3 concave divergent 1.5 -2.7 1049 
4 straight convergent 1 +2.7 2162 
5 straight parallel 1 0 5000 
6 straight divergent 1 -2.7 2162 
7 convex convergent 0.5 +2.7 1402 
8 convex parallel 0.5 0 5000 
9 convex divergent 0.5 -2.7 2268 

* This parameter has been calculated based on °=β 15  ( 5.0/ =φβ ).   
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Figure 3.1: Plan view of drainage divides (solid lines) and contour lines (dashed lines) of nine 
hillslope types ( 9.0/ =φβ ). The upslope divide of each hillslope is at x=0. 

 
3.5.2. Hydrology 

Figure 3.2 shows the relative saturated storage along these hillslopes and Table 3.3 lists 
the values of the hydrological variables used to generate these storage profiles. The 
hydrological behavior of these hillslopes is quite different as can be seen from Figure 3.2, e.g. 
hillslopes with convergent plan shape (1, 4 and 7) have the largest saturated section. For the 
rainfall recharge rate (20 mm d-1) and slope angle (27 degrees, φβ 9.0= ) chosen, hillslopes 
1, 2, 4 and 7 saturate near the outlet. This hydrological behavior of hillslopes (storage 
changes) has important consequences for slope stability, as will be discussed hereafter. 
In the procedure adopted to model the unsaturated zone pore water pressure and soil 
moisture, each hillslope is divided into a series of rectangular vertical columns or slices, each 
subdivided into regular cells. Using Equation 3.8 and considering ψ B = 0 at the water table, 
ψ T (the soil-water suction) for all cells in each column can be obtained. Figure 3.3 shows the 
steady state soil moisture profiles that develop in the unsaturated zone above the water table 
for each hillslope type (assuming a constant soil depth). In the hillslopes with a divergent 
plane shape, subsurface saturation is limited and as a result, the range of soil moisture 
profiles is small, in the sense that the depth to the saturated layer is more uniform in these 
cases (Figure 3.3). Although soil moisture dynamics is the result of complex interaction 
between many elements like climate, soil, and vegetation, this analysis shows that spatial soil 
moisture changes under steady-state conditions are strongly influenced by hillslope geometry 
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(especially plan shape). This has also been shown by other studies (e.g. Qiu et al., 2001; 
Pellenq et al., 2003; Ridolfi et al., 2003; Hilberts et al., 2007). 
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Figure 3.2: Relative saturated storage along the different hillslopes (D=2 m, N=20 mm d-1, 

°= 27β and 9.0/ =φβ ).  

 

0 0.2 0.4

0

0.5

1

1.5

2

111111111

0 0.2 0.4

0

0.5

1

1.5

2

22222222

0 0.2 0.4

0

0.5

1

1.5

2

3333333

0 0.2 0.4

0

0.5

1

1.5

2

4

S
oi

l d
ep

th
 (

m
) 44444

0 0.2 0.4

0

0.5

1

1.5

2

55555

0 0.2 0.4

0

0.5

1

1.5

2

6666

0 0.2 0.4

0

0.5

1

1.5

2

777

0 0.2 0.4

0

0.5

1

1.5

2

8

Soil moisture (−)

8

0 0.2 0.4

0

0.5

1

1.5

2

9

divide

outlet

 
Figure 3.3: Range of soil moisture profiles corresponding to a steady-state recharge (20 mm d-1) for 
the different hillslopes ( °= 27β , 9.0/ =φβ ), between x=0 and x=L. The arrow (hillslope no. 5) 
indicates increasing values of the x-coordinate. 
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Table 3.3: Hydrological and geotechnical model parameters 
 

Parameter 
group 

Parameter name Symbol Units Value 

Hydrological Saturated hydraulic 
conductivity 

sK  m s-1 6.383*10-5 

 Effective porosity f - 0.34 
 Recharge N mm d-1 20 (infinite method) and 50 

(complex approach) 

 Van Genuchten 
parameter 

vα  m-1 2.761 

 Van Genuchten 
parameter 

nv - 3.022 

 Residual water 
content 

rθ  m3 m-3 0.044 

 Saturated water 
content 

sθ  m3 m-3 0.375 

Geotechnical Effective soil 
cohesion 

ce kN m-2 7.85 

 Effective angle of 
internal friction 

φ  o  30 

 Slice width dx m 0.5 
 Saturated bulk 

specific weight 
sγ  kN m-3 20.35 

 Water specific weight
wγ  kN m-3 9.81 

 
 
3.5.3. Infinite slope stability analysis 

Figure 3.4 reports the values of the safety factor for each hillslope and for a range of 
average bedrock slope angles using the infinite slope method (constant soil depth) for the two 
cases: with and without considering the unsaturated zone storage (Cases A and B). In this 
figure, the solid lines have been calculated by Equation 3.18 (case A) which assumes the bulk 
specific weight above and below the water table is equal. The dashed lines have been 
obtained by Equation 3.13 (case B), which is based on the calculation of the soil moisture 
profile in the unsaturated zone (Equation 3.8) and the relative saturated soil moisture storage 
(Equation 3.3). The effect of matric suction on soil cohesion also has been incorporated in the 
stability analysis (Equation 3.11). Because divergent hillslopes (3, 6 and 9) have the smallest 
saturated zone (see Figure 3.2), they exhibit the most stability in both cases. On the other 
hand, for a given profile curvature, convergent hillslopes (1, 4 and 7) have the least stability 
because they have the largest saturated zone (see Figure 3.2). As can be seen (Figure 3.4), 
both methods yield comparable results, illustrating the hillslope stability is determined by the 
water table dynamics (saturated soil moisture storage). This means that unsaturated zone 
storage does not play a critical role in determining the factor of safety for shallow landslides. 
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Hence, the bulk specific weight of the unsaturated zone can be considered equal to that of the 
saturated zone in the steady-state hydrology.  
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Figure 3.4: Factor of safety for nine hillslopes and different average slope angles. Solid lines (Case 
A): the bulk specific weight above and below the water table is the same and the infinite slope 
stability assumption is applied (as in Talebi et al., 2007a); Dashed lines (Case B): the unsaturated 
storage is taken into account and the infinite slope stability assumption is applied; Average bedrock 
slope angle is different for each row; from top to bottom: 15, 22.5 and 27 degrees 
( 9.0,75.0,5.0/ =φβ ). 
 



Chapter 3 
__________________________________________________________________________________ 

 42 

To generalize the obtained results for the infinite slope method, the slope stability has 
also been investigated in the n-ω  parameter space considering the unsaturated zone storage. 
On the basis of Equation 3.1, and for the parameter intervals 0.4< n < 1.9 and – (H/L2) < ω  < 
+ (H/L2) (for L=100), the factor of safety has been calculated. Figure 3.5 illustrates the 
relation of the safety factor with profile curvature (n) and plan shape (ω ) for a critical slope 
angle ( 9.0/ =φβ ).  For any given plan shape (ω =cst), when profile curvature (n) changes 
from convex to concave, stability decreases. In the case of plan shape, when it changes from 

0<ω  to 0>ω  (from divergent to convergent), slope stability decreases in all profiles. This 
is due to the effect of plan shape on saturated soil storage (Troch et al., 2002, Hilberts et al., 
2004). When plan shape changes from divergent to convergent, the soil moisture storage 
increases in all profiles (see Figure 3.2). In both cases, the convergent hillslopes with concave 
profile have the least stability. For the convex profiles (n<1), the effect of plan shape on 
hillslope stability is more pronounced than for the other profiles: as plan shape changes from 
divergent to convergent, FS drops quickly. For concave bedrock profiles (n>1), stability 
decreases slightly when plan shape changes from divergent (ω<0) to convergent (ω>0).  
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Figure 3.5: Factor of safety as a function of profile curvature (n) and plan shape (ω) for case B: 
considering the soil moisture profile in the unsaturated zone and the infinite slope stability assumption 
( 9.0/ =φβ ). The bold numbers shows the location of the nine basic hillslopes. 
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3.5.4. Bishop and Janbu methods 

Hillslope stability has also been investigated for hillslopes with non-constant soil depth 
(deep landslides) using more complex approaches: Bishop’s and Janbu’s methods taking the 
soil moisture in the unsaturated zone and its effect on soil cohesion into consideration. To do 
this, the Bishop circular method is incorporated into the analytical model to find the critical 
slip surface in hillslopes with different geometric characteristics. Here, we consider a series 
of slip circles of different radii but with the same center of rotation and find the minimum FS 
for this circle center. This procedure is repeated for several circles, each investigated from an 
array of centers. Each center will have a minimum FS, and the overall lowest FS from all the 
centers is considered to be the FS for the whole hillslope. Hence, a large number of possible 
slips (6000) has been considered for the calculation of the minimum safety factor. Finally, by 
assuming the same slip surface for all hillslopes (namely the bedrock), the safety factor is 
computed by Janbu’s non-circular method. 

Figure 3.6 shows the values of the minimum safety factor for each hillslope and for the 
two cases: with and without considering the unsaturated storage. The final results of both 
cases are similar and the previous conclusion that the unsaturated zone can be neglected is 
confirmed for hillslopes with non-constant soil depth. Figure 3.6 shows that when plan shape 
changes from convergent to divergent, for all profiles slope stability increases. In both cases 
the convex convergent hillslopes have the minimum safety factor as convex hillslopes have a 
large slope angle in the outlet region. 
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Figure 3.6: Factor of safety for nine hillslope shapes. Solid lines (Case C): considering the same bulk 
specific weight above and below the water table and Bishop’s circular slip surface method. Dashed 
lines (Case D): taking into account the unsaturated storage and Bishop’s circular slip surface method. 
Average bedrock slope is 30 and 50 percent for bedrock and surface, respectively.  
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The slip surface corresponding to the minimum FS has also been investigated. Figure 
3.7 illustrates the location of the critical slip surface as computed by the Bishop simplified 
method (circular slip surface) for case D. The bedrock and surface slope angles are 30 and 50 
percent, respectively (non-constant soil depth). As can be seen, not only the FS is different 
for all hillslopes, but also the location of the critical slip surface has changed. It is located in 
the upstream part of the slope for the concave and in the downstream part of the slope for the 
convex profiles. The location of the critical slip surface is dependent on the profile curvature 
but much less on plan shape (specifically for the convex profiles). This is because the 
stability strongly depends on the local slope angle, although plan shape also affects stability 
by increasing the saturated part near the outlet.  
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Figure 3.7: The critical slip surface (dotted lines) in hillslopes with different geometric characteristics 
as computed by Bishop’s circular slip surface method and considering the unsaturated zone storage 
(case D). The dashed lines show the location of the water table. Average bedrock slope (bottom solid 
line) and surface slope angle (top solid line) are 30 and 50 percent, respectively. 
 

In order to generalize the obtained results for hillslopes with non-constant soil depth, 
slope stability has again been investigated in the n-ω  parameter space considering the 
unsaturated zone storage. Figure 3.8 indicates the obtained FS for the different values of n 
(profile curvature) and ω  (plan shape). For any given plan shape (ω =cst), when profile 
curvature changes from straight to concave or convex, stability decreases because concave 
and convex hillslopes have a large slope angle in the upstream and downstream parts of the 
slope, respectively. Hillslopes with a small degree of convexity (n=0.9) have the maximum 
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safety factor (see Figure 3.8). For concave profiles (n>1), the contour lines are almost 
parallel, indicating a weaker effect of plan shape on stability. Finally, hillslopes with a 
convex length profile and convergent plan shape have the least stability. Furthermore, there is 
no significant difference between the results of both cases (C and D), which confirms again 
that the unsaturated zone storage can be neglected for the slope stability analysis in the case 
of steady-state hydrology.  
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Figure 3.8: Factor of safety as function of profile curvature (n) and plan shape (ω) using the more 
complex approach (Bishop’s circular slip surface method and non-constant soil depth), and 
considering the soil moisture in the unsaturated zone (case D). Average bedrock slope is 30 and 50 
percent for bedrock and surface, respectively. The bold numbers shows the location of the nine basic 
hillslopes.  
 

To compare the stability of hillslopes by assuming the same slip surface on the bedrock, 
the FS is also calculated by the Janbu non-circular method. Figure 3.9 shows the stability of 
nine hillslopes when the soil depth changes along the hillslopes. According to this method, 
when the slip surface lies on the bedrock, the convex hillslopes are the most stable and the 
concave ones are the least stable. For all profile curvatures, slope stability slightly increases 
when plan shape changes from convergent to divergent. 

This is confirmed by Figure 3.10, where we have computed the FS for a wide range of 
plan shapes and profile curvatures. When profile curvature changes from concave to convex, 
stability decreases. The fact that the contour lines are nearly parallel indicates that plan shape 
only plays a minor role. With respect to the similarity of the Bishop and Janbu methods (see 
Equations 3.14 and 3.17), it should be kept in mind that in this paper, the slip surface with the 
minimum FS has only been determined with the Bishop circular method. However, the Janbu 
non-circular method has been used for comparison of slope stability for entire hillslopes 
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(when the slip surface lies on the bedrock). Overall, Figure 3.10 illustrates how slope stability 
is changed when hillslope geometry and thus hillslope hydrology is varied.  
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Figure 3.9: Factor of safety for nine hillslope shapes. Solid lines (Case E): considering the same bulk 
specific weight above and below the water table and Janbu non-circular slip surface method. Dashed 
lines (Case F): taking into account the unsaturated storage and Janbu non-circular slip surface method. 
Average bedrock slope is 30 and 50 percent for bedrock and surface, respectively.  
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Figure 3.10: Factor of safety as function of profile curvature (n) and plan shape (ω) using the more 
complex approach (Janbu non-circular slip surface method and non-constant soil depth), and 
considering the soil moisture in the unsaturated zone (case D). Average bedrock slope is 30 and 50 
percent for bedrock and surface, respectively. The bold numbers shows the location of the nine basic 
hillslopes.  
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3.6. Summary and conclusions 
The aim of this paper was to analyze the role of the geometric characteristics of 

hillslopes as well as the effect of the unsaturated zone storage on the hillslope stability in the 
steady-state hydrology. This was studied on the basis of computing and analyzing the FS in 
two different manners. First, an analytical model (Talebi et al., 2007a) that is based on 
kinematic wave dynamics of the saturated subsurface storage and the infinite slope stability 
assumption (for a constant soil depth and shallow landslides). Second, a more complex 
approach (for a non-constant soil depth associated with deep landslides) that accounts for the 
unsaturated zone storage and that relaxes the simplifying assumptions of the infinite slope 
stability model (Janbu’s non-circular method and Bishop’s simplified method). All methods 
were studied in two cases: with and without considering the soil moisture profile in the 
unsaturated zone. The effect of soil suction on soil cohesion has also been investigated. 

We started our analysis from the observation that the geometry (that is plan shape and 
profile curvature) of a hillslope exerts a major control on the hydrologic storage, by defining 
the domain and boundary conditions of moisture storage (Troch et al., 2002). The presented 
hydrological model (kinematic wave dynamics of saturated subsurface storage) takes into 
account the effects of topography on the hillslope-storage through the plan shape and profile 
curvature by computing the relative saturated soil moisture storage. We applied the 
considered hillslope stability models to nine characteristic hillslope types with three different 
profile curvatures (concave, straight, convex) and three different plan shapes (convergent, 
parallel, divergent). Furthermore, in order to generalize the results, we also applied the slope 
stability models to a wider range of plan shapes and profile curvatures. Our conclusions are 
the following: 

i) When the width function (plan shape) changes from convergent to divergent, 
hillslope stability generally increases. In case of the infinite slope method for shallow 
landslides (with and without the unsaturated zone storage), the convergent hillslopes with 
concave profile curvature have the least stability in both cases. The divergent convex 
hillslopes have the most stability as they have less storage than other hillslopes. 

ii) To find the critical slip surface in the hillslopes with non-constant soil depth, the 
simplified Bishop method was incorporated in the analytical model. In this case, not only the 
rate of FS is different in the hillslopes but also the location of the critical slip changes. In fact, 
the critical slip surface is located at the upstream end of the slope in the concave hillslopes 
and near the outlet in the convex hillslopes. This is because the local slope angle (profile 
curvature) plays a key role in the slope stability. Therefore, it can be concluded that the 
location of the critical slip surface is more dependent on profile curvature than on plan shape. 
Overall, for a given plan shape (convergent, parallel or divergent) convex convergent 
hillslopes have slip surfaces with the minimum safety factor in the outlet region.  

iii) To compare the stability of entire hillslopes, the Janbu non-circular method was 
incorporated in the analytical model with its slip surface at the bedrock. This method also 
shows that the convergent hillslopes with concave profile curvature have the least stability. 
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iv) A comparison of the results of the different slope stability models with and without 
considering the unsaturated zone storage shows that there is no noticeable difference between 
the two cases. This means that the bulk specific weight of the unsaturated soil can be 
considered equal to that of the saturated soil in the steady-state hydrology. Hence, the 
hillslope stability (FS) is completely determined by the water table dynamics. Therefore the 
effect of the unsaturated zone storage can be neglected safely in the steady-state hydrology.   

v) Finally, it can be stated that the incorporated more complex approaches (simplified 
Bishop method and Janbu’s non-circular method) and steady-state hydrology model based on 
the relative saturated storage can help to predict the critical slip surface and slope stability for 
hillslopes with different geometrical characteristics. But due to its limitation (steady-state 
hydrology) more research is needed to account for dynamical slope stability effects.  
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4. A low-dimensional physically-based model of hydrologic 

control on shallow landsliding in complex hillslopes 
 
 
Abstract 

Hillslopes have complex three-dimensional shapes that are characterized by their plan 
shape, profile curvature of surface and bedrock, and soil depth. To investigate the stability of 
complex hillslopes (with different slope curvatures and plan shapes), we combine the 
hillslope-storage Boussinesq model (HSB) with the infinite slope stability method. The HSB 
model is based on the continuity and Darcy equations expressed in terms of storage along the 
hillslope. Solutions of the HSB equation account explicitly for plan shape by introducing the 
hillslope width function and for profile curvature through the bedrock slope angle and the 
hillslope soil depth function. The presented model is composed of three parts: a topography 
model conceptualizing three-dimensional soil mantled landscapes, a dynamic hydrology 
model for shallow subsurface flow and water table depth (HSB model), and an infinite slope 
stability method based on the Mohr-Coulomb failure law. The resulting Hillslope-Storage 
Boussinesq Stability Model (HSB-SM) is able to simulate rain-induced shallow landsliding in 
hillslopes with non-constant bedrock slope and non-parallel plan shape. We apply the model 
to nine characteristic hillslope types with three different profile curvatures (concave, straight, 
convex) and three different plan shapes (convergent, parallel, and divergent). In the presented 
model, the unsaturated storage has been calculated based on the unit head gradient 
assumption. To relax this assumption and to investigate the effect of neglecting the variations 
of unsaturated storage on the assessment of slope stability in the transient case, we also 
combine a coupled model of saturated and unsaturated storage and infinite slope stability 
method. The results show that the variations of the unsaturated zone storage do not play a 
critical role in hillslope stability. Therefore, it can be concluded that the presented dynamic 
slope stability model (HSB-SM) can be used safely for slope stability analysis in complex 
hillslopes. Our results show that after a certain period of rainfall, the convergent hillslopes 
with concave and straight profiles become unstable faster than others whilst divergent convex 
hillslopes remain stable (even after intense rainfall). In addition, the relation between 
subsurface flow and hillslope stability has been investigated. Our analyses show that the 
minimum safety factor (FS) occurs when the rate of subsurface flow is maximum. In fact, by 
increasing the subsurface flow, stability decreases for all hillslope shapes.  
Key words: hillslope stability, subsurface flow, HSB-SM model 
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4.1. Introduction 
Hillslopes can be considered as the basic landscape elements of many catchments. A 

proper understanding of the interaction and feedbacks between hillslope forms and the 
processes responsible for hillslope hydrology and stability are of great importance for 
catchment scale land management. Hillslope failures are complex natural phenomena that 
pose a serious natural hazard in many countries. Consequently, not only considerable 
financial costs are suffered, but also major ecological and environmental problems may arise 
in larger geographical areas (Sidle and Ochiai, 2006). To prevent or mitigate these damages, 
hillslope stability analysis requires an understanding and evaluation of the processes that are 
affected by the hydrologic behavior of the hillslopes.  

The relationship between rainfall, water table fluctuations and landslide movement is 
often difficult to establish. Keefer and Larsen (2007) state that although major causes of 
landslides are well known, predicting just where and when a landslide will occur continues to 
be a complex proposition, because the properties of earth materials and slope conditions vary 
greatly over short distances, and the timing, location, and intensity of triggering events are 
difficult to forecast. Shallow slope failures, in general, are controlled by surface topography 
through shallow subsurface flow and increased soil saturation (Montgomery and Dietrich, 
1994; Iida, 1999; Borga et al., 2002). Many studies (e.g. Sidle and Swanston, 1982; Harp et 
al., 1990; Anderson and Sitar, 1995; Iverson, 2000; Dhakal and Sidle, 2004; Iida, 2004; 
Rosso et al., 2006), have indicated that hillslope instability can be caused by increased 
subsurface pore pressures during periods of intense rainfall which reduce the shear strength 
of hillslope materials. Although in these studies topography has been reported as an important 
factor in slope stability, in most of the models applied only slope angle has been investigated. 
From a slope stability view point, other topography parameters like profile curvature and plan 
shape are sometimes equally important. Former (Beven and Kirkby, 1979; Sidle, 1984; 
Montgomery and Dietrich, 1994) and more recent studies (e.g. Tsuboyama et al., 2000; Troch 
et al., 2002; Troch et al., 2003; Hilberts et al., 2004; Berne, et al., 2005; Rezzoug et al., 2005; 
Sidle and Ochiai, 2006) have shown that in addition to bedrock slope, hillslope form as 
represented by plan shape and profile curvature is an important control on subsurface flow 
response.  

Because of the strong relation between hydrological processes, hillslope shape and 
slope stability, efficient tools are needed to investigate the effect of complex topography on 
slope stability at the landscape scale. Existing tools either neglect topographic curvature or 
model it in a very complex computationally inefficient manner. The main purpose of this 
study is therefore to present a dynamic low dimensional but physically-based model that 
includes both hydrological processes (saturated and unsaturated zone storage) and a stability 
model (based on the infinite slope assumption) for hillslopes with different topographic 
characteristics.  

To study the effect of topography on rain-induced shallow landsliding, some 
researchers (e.g. Montgomery and Dietrich, 1994; Sidle and Wu, 1999; Dhakal and Sidle, 
2003, 2004; Talebi et al., 2007a) used the kinematic wave (KW) assumption for hillslope 
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hydrology and showed that, in addition to bedrock slope, plan shape and slope curvature play 
important roles in hillslope stability in case of a steady-state hydrology. However, by 
comparing the KW model with the fully three-dimensional Richards’ equation, Hilberts et al. 
(2004) showed for convergent slope forms, the KW model looses its ability to accurately 
describe water table dynamics and the resulting hillslope drainage. Since the dynamic 
response of hillslopes is strongly dependent on plan shape, slope curvature and slope angle 
(Troch et al., 2002; Hilberts et al., 2004), a three dimensional model of dynamic hillslope 
hydrology would be necessary for stability analysis of complex hillslopes. 

Recent studies (Troch et al., 2003; Paniconi et al., 2003; Hilberts et al., 2004; Hilberts 
et al., 2007) have generalized the Boussinesq equation to account for the three-dimensional 
soil mantle in which subsurface flow processes take place. This hillslope-storage Boussinesq 
(HSB) equation is formulated by expressing the continuity and Darcy equations in terms of 
soil water storage as the dependent variable. In this model, the method proposed by Fan and 
Bras (1998) is used to collapse the three-dimensional soil mantle of complex hillslopes into a 
one-dimensional drainable pore space. The resulting HSB model shows that the dynamic 
response of complex hillslopes during drainage and recharge events depends very much on 
the slope angle, plan shape and slope curvature. Because of the ability of the HSB model to 
analyze hydrological process in complex hillslopes in a very (computationally) efficient way, 
it is a good candidate to combine with the infinite slope stability method. The resulting model 
(HSB-SM) can be used for dynamic slope stability analyses in complex hillslopes.  

To keep the model low-dimensional, the average soil moisture in the unsaturated zone 
has been calculated according to Campbell’s method (Campbell, 1974), using Darcy’s law 
with the unit-gradient assumption. As a result, in the HSB-SM model, the effect of the 
temporal variations of the unsaturated zone storage has been neglected. To investigate the 
effect of this simplification, a coupled model of the dynamic unsaturated and saturated zone 
is needed. Recently, Hilberts et al. (2007) developed a model that couples the one-
dimensional Richard's equation for vertical unsaturated flow and the HSB equation for lateral 
saturated flow along complex hillslopes. By introducing the unsaturated zone matric pressure 
head as a system-state and reformulating the derived equations into state-space notation, they 
have solved the coupled system simultaneously as a set of ordinary differential equations. 
Considering the importance of the capillary fringe on groundwater flow, this component has 
also been included into the HSB flow domain (see Hilberts, et al., 2007). Their model allows 
for an accurate investigation of the relationship between rainfall intensity, drainable porosity, 
unsaturated storage and recharge.   

To investigate the importance of neglecting the variations of the unsaturated zone 
storage in the HSB-SM model, the coupled HSB model (Hilberts et al., 2007) is combined 
with the infinite slope stability method. Moreover, the effect of unsaturated soil moisture on 
soil cohesion is incorporated in the slope stability model.  

Hence, in this paper we present a methodology to investigate the effect of rainfall and 
water table variations on slope movement in complex hillslopes by coupling an integrated 
hydrologic model for the saturated and unsaturated zone with the infinite slope method for 
hillslope stability analysis. Specifically, the study aims (i) to present a dynamic hillslope 
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stability model (applicable in complex hillslopes), (ii) to investigate the relation between 
rainfall, soil moisture storage, subsurface flow and hillslope stability, and (iii) to investigate 
the changes of hillslope stability with respect to plan shape and slope curvature during 
rainfall. 
 
4.2. Model formulation 

In this study we combine a dynamic hillslope hydrology model with the infinite slope 
stability assumption for hillslopes with different topographic characteristics. Hence, this 
model incorporates three important aspects of a hillslope: its topography, hydrology and 
stability.  
 
4.2.1. Hillslope topography 

To study the effect of topography (plan shape and profile curvature) on rain-induced 
shallow landsliding, Talebi et al. (2007a) following Evans (1980), characterized hillslopes by 
the combined curvature in the gradient direction (profile curvature) and the direction 
perpendicular to the gradient (contour or plan curvature). The surface of an individual 
hillslope is represented by the following bivariate function (Evans, 1980):  

2)/(),( yLxHEyxz n ω++= ,                 (4.1) 
where z is the elevation, x is the horizontal distance from the outlet, y is the horizontal 
distance from the slope centre in the direction perpendicular to the length direction (the width 
direction), E is the minimum elevation of the surface above an arbitrary datum, H is the 
maximum elevation difference defined by the surface, L is the total horizontal length of 
hillslope, n is a profile curvature parameter, and ω is a plan curvature parameter.  
The presented model (HSB-SM) is applied to nine distinct hillslope types which can be 
viewed as a first-order approximation of the landscape elements (Troch et al., 2002) that 
constitute a catchment. Figure 4.1 shows a hillslope with a three-dimensional soil mantle on 
top of an impermeable layer and a straight bedrock profile explaining the symbols w, L′ , D′  
and β  in this study. By using Equation 4.1 and allowing profile curvature (defined by n) to 

assume values less than, equal to, or greater than 1 and plan curvature (defined by ω) to 
assume either positive, zero, or negative values, one can define different basic geometric 
relief forms. Figure 4.2 illustrates nine basic hillslope types that are formed by combining 
three plan and three profile curvatures. These nine hillslopes represent a wide range of 
hillslope types traditionally considered in hydrology and geomorphology (see also Tsukamoto 
and Ohta, 1988). The parameters for Equation 4.1 are different for each of these nine 
hillslopes, and are listed in Table 4.1. The values of the hydrological and geotechnical 
parameters have been listed in Table 4.2. The horizontal length of the nine hillslopes 
(measured along the bedrock) is chosen to be constant (L = 100 m). For different hillslopes 
within a catchment each individual hillslope type can be fitted using the geometrical scaling 
parameters H, L, and n to the observed terrain profile curvature, given a known soil depth 
function, and a proper choice of ω  to represent the observed hillslope width function (Troch 
et al., 2002). 
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Figure 4.1: a) A three dimensional view of a convergent hillslope overlying a straight bedrock 
profile, b) a definition sketch of the cross section of a one-dimensional hillslope aquifer overlying a 
bedrock with a constant bedrock slope angle (modified from Troch et al., 2003).  
 
 
 
 
Table 4.1: Geometrical parameters for the nine characteristic hillslopes 
 
Hillslope 

Nr. 
Profile 

Curvature 
Plan Shape n [-] ω  [10-3 m-1]* Area [m2] 

1 concave convergent 1.5 +2.7 2441 
2 concave parallel 1.5 0 5000 
3 concave divergent 1.5 -2.7 1049 
4 straight convergent 1 +2.7 2162 
5 straight parallel 1 0 5000 
6 straight divergent 1 -2.7 2162 
7 convex convergent 0.5 +2.7 1402 
8 convex parallel 0.5 0 5000 
9 convex divergent 0.5 -2.7 2268 

* This parameter has been calculated based on °=β 15  ( 5.0/ =φβ ).   
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Figure 4.2: Three-dimensional view (top) and a two-dimensional plot of the contour lines and slope 
divides (bottom) of the nine hillslopes considered in this study (after Hilbert et al., 2004). 
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Table 4.2: Hydrological and geotechnical model parameters 
 

Parameter 
group 

Parameter name Symbol Units Value in this paper 

Hydrological Saturated hydraulic 
conductivity 

sk  md-1 5.0 

 Effective porosity f - 0.35 
 Recharge N mm d-1 50 
 Van Genuchten 

parameter 
vα  

m-1 -2.54 

 Van Genuchten 
parameter 

nv - 1.953 

 Residual water 
content 

rθ  m3m-3 0.054 

 Saturated water 
content 

sθ  
m3m-3 0.408 

Geotechnical Effective soil 
cohesion 

ec  kNm-2 5.0 

 Soil depth D′  m 2.0 
 Effective angle of 

internal friction 
φ  o  30 

 Slice length dx  m 0.5 
 Saturated bulk 

specific weight 
sγ  

kNm-3 17.66 

 Water specific weight
wγ  

kNm-3 9.81 

 
 
4.2.2. Hillslope hydrology 

The hillslope hydrological model used here is the hillslope-storage Boussinesq (HSB) 
model for subsurface flow (Troch et al., 2003) in complex hillslopes. The Darcy equation 
along a unit-width hillslope with sloping bedrock reads: 
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Substituting in the continuity equation: 
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yields the Boussinesq equation (Boussinesq, 1877): 
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where ),( txh ′′ is the elevation of the groundwater table measured perpendicular to the 
underlying impermeable layer which has a slope angle β ,  k is the hydraulic conductivity,  f 
is the drainable porosity, x′  is the distance from the outlet measured parallel to the 
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impermeable layer, t is time and N represents the rainfall recharge to the groundwater table. 
Note that the flow lines for these equations are assumed to be parallel to the bedrock. 

As the application of Equation 4.4 is limited to one-dimensional soil mantle, Troch et 
al. (2003) reformulated the continuity and Darcy equations in terms of storage along the 
hillslope which leads to the hillslope storage Boussinesq (HSB) equation for subsurface flow 
in complex hillslopes:  
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where hwftxSS ′=′′=′ ),(   is the subsurface water storage, ),( txhh ′′=′ is the water table 
height averaged over the width of the hillslope, and w( x′ ) is the hillslope width function. The 

total storage capacity along the hillslope can be expressed as )()()( xDxfwxSc ′′′=′′ , where 

D′  is the soil depth averaged over the width of the hillslope. Paniconi et al. (2003) have 
shown that the HSB model is able to capture the general features of the storage and outflow 
response of complex hillslopes, as compared to a 3D Richards equation based simulations.  

Equation 4.5 allows us to investigate the hydrological behavior of the original 
Boussinesq equation on hillslopes of variable plan geometry. In order to analyze the effect of 
non-constant profile curvature, Hilberts et al. (2004) presented the HSB model as: 
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where )/(/ wSxB ′′∂∂= . The model is solved numerically, can handle spatially and 
temporally variable parameters, and allows for the computation of subsurface flow and 
saturation excess overland flow. By determining the saturated storage ( S ′ ) at each time step 
(daily) of the simulation, the relative saturated storage ( cSS ′′= /σ ) is calculated and is 

directly coupled to the infinite slope stability method for determining the factor of safety.  
During wet conditions, as will occur in the case of shallow landsliding, precipitation as 

an input parameter can be assumed equal to the recharge rate. The average soil moisture 
content in the unsaturated zone (θ ) can then be calculated according to Campbell (1974) by 
using Darcy’s law with the unit-gradient assumption as: 

32
1
+
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⎞
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⎝

⎛
=

b

sk
Nµθ                                                                                                (4.7) 

where θ  is the volumetric soil moisture content averaged over a depth ( hD ′−′ ), µ  is the 
porosity, N is the recharge rate, sk  is the saturated hydraulic conductivity and b is a pore size 

distribution parameter. Since µ  and b are generally correlated with sk , we related these to sk  

by linear regression with )ln( sk , fitted to the data provided by Clapp and Hornberger (1978). 

This yields 545.0)ln(0147.0 +−= skµ  and 3.15)ln(24.1 +−= skb  where sk  is expressed in 

mm d-1 (Teuling and Troch, 2005). Hence, at each time step (daily), the average soil moisture 
content in the unsaturated zone can be changed based on the recharge rate (rainfall). 
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4.2.3. Hillslope stability 

Next, from the water table depth along the hillslope and the average soil moisture in the 
unsaturated zone, the factor of safety (FS) can be calculated at each time step. The safety 
factor is the ratio of the available shear strength to the minimum shear strength that is needed 
for equilibrium. Many variables are involved in slope stability evaluation and the calculation 
of the FS requires geometrical data, physical data on the geologic materials and their shear-
strength parameters (cohesion and angle of internal friction), information on pore-water 
pressures, etc. In general, the infinite slope stability analysis has been widely applied in many 
investigations of natural slope stability (e.g. Montgomery and Dietrich, 1994; Wu and Sidle, 
1995; Van Beek, 2002; Borga et al., 2002; D’Odorico and Fagherazzi, 2003; Hennrich and 
Crozier, 2004; Claessens, 2005: Rosso et al., 2006) because of its relative simplicity, 
particularly where the thickness of the soil mantle is much smaller than the length of the 
slope and where the failure plane is approximately parallel to the slope surface. The infinite 
slope model imposes the condition that the groundwater flow is parallel to the slope surface, 
which is consistent with the HSB model. In order to derive the FS  for the entire hillslope, 
Talebi et al. (2007a, 2007b) presented the shallow landslide safety factor for complex 
hillslopes by incorporating the relative saturated storage (the ratio between actual storage and 
storage capacity) in the safety factor formulation as follows: 
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where L′  is the total length of hillslope (measured parallel to bedrock), tc  is the total soil 

cohesion, φ is the angle of internal friction, β  is the slope angle, and )(x′σ  is the relative 

saturated storage. mγ , sγ  and bγ  are respectively the moist, saturated and buoyant bulk 

density (note that in this equation, x′  is measured along the bedrock and 0=′x  in the outlet).  
With respect to the influence of soil suction on the slope stability, Fredlund (1978) 

proposed a linear shear strength equation for unsaturated soils. According to this model, the 
total cohesion of the soil ( tc ) can be calculated as:  

b
vaet uucc φtan)( −+=                                                                                            (4.9) 

where ce is the effective cohesion of saturated soil (kPa), )( va uu −  is the matric suction of the 

soil on the plane of failure (kPa), where ua and uv are the pressures of pore air and pore water, 
respectively. For slope stability analysis, the pore air pressure is assumed to be atmospheric 
and constant. bφ  is the angle of shearing resistance with respect to matric suction. Vanapalli 

et al., (1996) proposed that the relation between bφ  and φ  can be replaced by the degree of 
saturation as follows: 

φ
θθ
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r
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Equation 4.10 shows how the total cohesion of the soil ( tc ) is changed as a function of 

the soil moisture in the unsaturated zone (θ ) in each slice and each time step. As can be seen, 
by substituting the average soil moisture content and the average soil water suction into 
Equation 4.11, the soil cohesion in the unsaturated zone for each x-position along the 
hillslope is computed. Finally, the total soil cohesion at each x-position along the slip surface 
is calculated as a weighted average of the soil cohesion in the unsaturated and saturated zone. 

 
4.2.4. Numerical analysis 

After determining the plan shape and slope curvature (Equation 4.1) for each hillslope 
(see Talebi et al., 2007a), the dynamic model of hillslope stability is solved starting from the 
initial condition 0=′h  at time 0 and the following steps are performed with a time step, t∆ , 
of one day: (i) the saturated soil moisture storage and the relative saturated storage are 
calculated from Equation 4.6; (ii) the averaged soil moisture content in the unsaturated zone 
is estimated from Equation 4.7; (iii) Equation  4.10 is used to calculate the influence of soil 
suction on soil cohesion; (iv) the factor of safety is determined by Equation 4.8 and (v) back 
to step i for the subsequent time step. For the saturated zone, it is assumed that the downhill 
boundary condition is 0),0( =′ th and the uphill boundary condition is a zero-flux boundary 
as are all sides and the bedrock. In this manner, FS is obtained for the hillslope, with any 
temporal variations arising from dynamic hydrological responses. This will be used for the 
investigation of its relation with water table fluctuations and subsurface flow. 
 
 
4.3. Results and Discussion 
4.3.1. Effect of the unsaturated zone storage  

In the HSB-SM model, the rate of daily precipitation is substituted by the recharge rate 
directly. This means that the variations of the unsaturated zone storage have been ignored 
(note that soil moisture in the unsaturated zone has been calculated by Darcy’s law with a 
unit gradient assumption (see Equation 4.7)). To relax this assumption, the slope stability 
analysis has also been investigated based on coupling the saturated and unsaturated storages.  
Hilberts et al. (2007) presented a coupling between the one-dimensional Richards’ equation 
for vertical unsaturated flow and the one-dimensional hillslope-storage Boussinesq equation 
(HSB model) for lateral saturated flow along hillslopes with different plan shapes. They also 
incorporated the capillary fringe in the Boussinesq flow domain. In this paper, to investigate 
the effect of the unsaturated zone storage on hillslope stability under time-varying conditions, 
this model has been combined with the infinite slope stability method. Figure 4.3 reports the 
values of the safety factor for hillslopes with different plan shape using the original HSB 
model (solid line) and coupled HSB model (dashed line) (Hilberts et al., 2007). As can be 
seen (Figure 4.3), both methods yield comparable results, illustrating the hillslope stability is 
mainly determined by the water table dynamics (saturated soil moisture storage). Based on 
our analysis (see Figure 4.3) and for both methods, after the onset of rainfall, stability starts 
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to decrease in all hillslopes. Obviously, after a certain period of rainfall (depending on 
hillslope type), stability becomes constant as the hydrological conditions approach the steady-
state. As can be seen, the FS obtained from the original HSB model is a little less than that 
from the coupled HSB model; this is because the original HSB model produces a higher 
water table than the coupled HSB model (Hilberts et al., 2007).   
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Figure 4.3: Variations of the safety factor in hillslopes with different plan shapes computed using the 
original HSB model (solid line) and the coupled HSB model (dashed line), assuming φβ 5.0=  and 
N=20 mmd-1. Top panel: convergent, middle panel: parallel and bottom panel: divergent hillslope 
(profile curvature is constant).  
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These results are confirmed by other studies (e. g. Iverson, 2000; Iida, 2004; Rosso et 
al., 2006) that have shown slope stability is controlled mainly by the water table dynamics. 
Therefore, with respect to the obtained results (Figure 4.3) and limitation of the coupled 
model (Hilberts et al., 2007) for hillslopes with non-constant bedrock, we can safely use the 
original HSB model (Troch et al., 2003; Hilberts et al., 2004) for stability analysis in 
hillslopes with different plan shapes and profile curvatures. To compare the stability of these 
nine hillslopes by the Janbu method (Janbu, 1954), we also computed the FS by two methods 
(Equation 4.8 and Janbu method) (see Table 4.3). As can be seen, the results of both methods 
are closely following each other. 

 
Table 4.3: The results of computed FS by the HSB_SM model and Janbu method for the nine 
hillslopes in Figure 4.2 ( φβ =  and N=50 mmd-1). 
 

Hillslope shapes  1            2           3          4           5           6           7           8          9 
 
HSB_SM model 

 
0.95      1.11      1.25     0.93      1.05      1.20      1.04       1.14     1.36
 

Janbu equation 1.03     1.21      1.32      1.01      1.13      1.27      1.02       1.07     1.29
 

 
 

4.3.2. The relation between recharge rate and slope stability  

The results of the stability analysis for three recharge rates equal to 10, 20 and 50 mmd-1 
(Figure 4.4) indicate clear differences in the stability of different hillslope types for the same 
soil condition. In all cases (different recharge rates), convergent hillslopes with concave and 
straight profiles (Figure 4.4, no. 1 and no. 4) become unstable faster than others ( 1<FS ). 
This is because the convergent hillslopes drain much more slowly than the divergent 
hillslopes (Troch et al., 2003) and this process increases the saturated zone storage which 
consequently decreases the factor of safety quickly. In contrast, in the divergent hillslopes 
(Figure 4.4, no. 3, 6 and 9) which drain fast, even with 50 mm recharge per day, the slopes 
remain stable ( 1>FS ). 

As can be seen, by increasing the recharge rate from 10 to 50 mm per day the stability 
duration decreases, however, the time to reach instability is different in all hillslopes. For 
instance, when the recharge is 10 and 20 mmd-1, all hillslopes are stable, whilst by increasing 
the recharge to 50 mmd-1 all convergent hillslopes become unstable after 8-10 days. As a 
result, it can be stated that from the plan shape view point, the convergent hillslopes and from 
the profile curvature view point, the straight and concave hillslopes become unstable faster 
than the others.  
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Figure 4.4: Variations of the safety factor in different hillslopes (Figure 4.2) by changing the recharge 
rate from 10 (dotted line), via 20 (dashed line) to 50 (solid line) mmd-1 ( φβ = ). 

 
4.3.3. Effect of slope angle change  

The hillslope stability has also been investigated for different slope angles. Figure 4.5 
illustrates how by varying the slope angle, FS is changed. The variations are completely 
regular in all hillslopes and for all slope angles. Comparison of Figures 4.4 and 4.5 shows 
that in a specific hillslope, by changing the slope angle, FS also changes regularly whilst by 
changing the plan shape and slope curvature, the variations of FS are different for each 
hillslope type. This means that in addition to the slope angle, the plan shape and slope 
curvature should be incorporated as additional key factors in slope stability models. As can 
be seen in Figure 4.5, when φβ =  , all convergent hillslopes (1, 4, and 7) become unstable 
( 1<FS ) a few days after the onset of rainfall, whilst other hillslopes remain stable. This 
means that for steep slopes and for shallow landslides, the effect of plan shape on hillslope 
stability is much more important than that of profile curvature.  
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Figure 4.5: Variations of the safety factor in different hillslopes (Figure 4.2) by changing the slope 
angle from 20 (dotted line), via 30 (dashed line) to 40 (solid line) degrees (N=50 mmd-1). 
 
4.3.4. The relation between subsurface flow and hillslope stability  

With respect to the important role of subsurface flow on slope stability (e.g. Borga et 
al., 2002; Matsushi et al., 2006), the relation between variations of subsurface flow and FS 
has also been studied. Figure 4.6 illustrates how the variations of FS and subsurface flow at 
the outlet are almost each other’s mirror image: when subsurface flow increases, slope 
stability decreases in all hillslopes and vice versa. When the water table reaches a constant 
(steady-state), subsurface flow and FS obviously also become constant. Also at the moment 
when subsurface flow rate becomes maximum, the FS approaches its minimum. Moreover, 
the time to reach the steady-state condition and constant FS are different in all hillslopes. In 
the concave convergent hillslopes (Figure 4.6, no.1), it takes less time and in the convex 
divergent hillslopes (Figure 4.6, no. 9) it takes longer than in the others. This is because the 
convergent hillslopes, due to the reduced flow domain near the outlet, drain much slower than 
the divergent hillslopes (Troch et al., 2003), and as a result build up saturated storage much 
quicker. Note that when the subsurface flow reaches a constant (steady-state) with respect to 
recharge rate (N=50 mmd-1), the subsurface flow at the outlet for some hillslopes is less than 
20 mmd-1. This is because in these hillslopes flow concentrates near the outlet region, 
resulting in overland flow. Finally, based on the Figure 6 it can be concluded that when the 
hillslope shape changes from divergent to convergent (with the same rainfall), hillslopes 
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become unstable earlier. On the other hand, when profile curvature changes from convex to 
concave, hillslopes also become unstable faster.  

Sidle and Ochiai (2006) note that spatial and temporal variability in subsurface flow 
may be strongly linked to three-dimensional preferential flow networks at the hillslope scale 
and may can exert a huge effect on landslide initiation. However, our model cannot address 
this issue and to better understand the effect of preferential flow on hillslope stability, it is 
necessary to evaluate or spatially simulate a likely array of pathways rather than simply 
preferential fluxes (Sidle and Ochiai, 2006). 
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Figure 4.6: The relation between subsurface flow (dotted line) and hillslope stability (solid line) in 
different hillslopes ( φβ =  and N=50 mmd-1).  

 
4.4. Conclusion  

In this paper we have presented a physically-based hillslope stability model to 
investigate the hydrologic control of shallow landsliding for complex hillslopes (HSB-SM). 
The model is based on a combination of the hillslope-storage Boussinesq model (HSB) 
(Troch et al., 2003; Hilberts et al., 2004) and the infinite slope stability method based on the 
Mohr-Coulomb failure law. The HSB model is based on the continuity and Darcy equations 
in terms of storage along the hillslope. The resulting HSB-SM model shows that the dynamic 
response of complex hillslopes during drainage and recharge events depends very much on 
the slope angle, plan shape and slope curvature. We have focused on the study of flow 
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processes in the situation where the topographic relief and the shallow subsurface moisture 
control the storage and stability of the hillslope.  

We have also combined the coupled system for soil moisture storage in the saturated 
and unsaturated zone (Hilberts et al., 2007) with the infinite slope method to investigate the 
effects of unsaturated storage variations on hillslope stability in complex hillslopes. Our 
analysis shows that there is not a large difference between both methods, illustrating that the 
variations of the unsaturated zone storage can be ignored safely in the dynamic slope stability 
analysis for shallow landslides. Therefore, it can be concluded that the presented model 
(HSB-SM) can be used safely for hillslope stability analysis in complex hillslopes under 
dynamic hydrological conditions. Furthermore, this model allows to investigate the relation 
between subsurface flow and slope stability in hillslopes with different plan shapes and 
different slope curvatures.  

Based on our analysis, the minimum safety factor (FS) coincides with the maximum 
rate of subsurface flow. In fact, an increase of subsurface flow, leads to a decrease of stability 
in all hillslopes and vice versa. Consequently, after a certain period of rainfall, the convergent 
hillslopes with concave and straight profiles become unstable faster than others. However, the 
divergent convex hillslopes remain stable even after intense rainfalls. Finally, it can be 
concluded that, in addition to the average bedrock slope angle, topographic characteristics 
(especially profile curvature and plan shape) of the hillslope control the subsurface flow as 
well and this process affects hillslope stability by changing the soil strength. As the current 
model is limited to event-based analyses, further research is needed to present a probabilistic 
model of rainfall-triggered shallow landslides for complex hillslopes with changing rainfall 
input and soil depth. 
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This chapter is based on the submitted paper Talebi, A., R. Uijlenhoet and P. A. Troch 
(2007), Application of a probabilistic model of rainfall-induced shallow landslides to 
complex hollows, Natural Hazards and Earth System Sciences 
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5.  Application of a probabilistic model of rainfall-induced shallow 

landslides to complex hollows 

 
 
Abstract 

Recently, D’Odorico and Fagherazzi (2003) proposed "A probabilistic model of 
rainfall-triggered shallow landslides in hollows" (Water Resour. Res., 39(9), 2003). Their 
model describes the long-term evolution of colluvial deposits through a probabilistic soil 
mass balance at a point. Further building blocks of the model are: an infinite-slope stability 
analysis; a steady-state kinematic wave model (KW) of hollow groundwater hydrology; and a 
statistical model relating intensity, duration, and frequency of extreme precipitation. Here we 
extend the work of D’Odorico and Fagherazzi (2003) by incorporating a more realistic 
description of hollow hydrology (hillslope storage Boussinesq model, HSB) such that this 
model can also be applied to more gentle slopes and hollows with different plan shapes. We 
show that results obtained using the KW and HSB models are significantly different as in the 
KW model the diffusion term is ignored. We generalize our results by examining the stability 
of several hollow types with different plan shapes (different convergence degree). For each 
hollow type, the minimum value of the landslide-triggering saturated depth corresponding to 
the triggering precipitation (critical recharge rate) is computed for steep and gentle hollows. 
Long term analysis of shallow landslides by the presented model illustrates that all hollows 
show a quite different behavior from the stability view point. In hollows with more 
convergence, landslide occurrence is limited by the supply of deposits (supply limited 
regime) or rainfall events (event limited regime) while hollows with low convergence degree 
are unconditionally stable regardless of the soil thickness or rainfall intensity. Overall, our 
results show that in addition to the effect of slope angle, plan shape (convergence degree) 
also controls the subsurface flow and this process affects the probability distribution of 
landslide occurrence in different hollows. Finally, we conclude that incorporating a more 
realistic description of hollow hydrology (instead of the KW model) in landslide probability 
models is necessary, especially for hollows with high convergence degree which are more 
susceptible to landsliding.  
Key words: probabilistic model, shallow landslides, complex hollows, HSB model 
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5.1. Introduction 
The relationship between the return period of rainfall and shallow landslides has 

attracted the interest of numerous researchers (e.g. Dietrich and Dunne, 1978; Montgomery et 
al., 1998; Iverson, 2000; D’Odorico et al., 2005; Rosso et al., 2006) because rainfall is the 
most frequent landslide-triggering factor in many regions in the world. In steep soil-mantled 
landscapes, landslides tend to occur in topographic hollows due to convergence of water and 
accumulation of colluvial soils that leads to a cycle of periodic filling and excavation by 
landsliding (Dietrich and Dunne, 1978).  

Shallow landsliding is a stochastic process, and understanding what controls the return 
period is crucial for risk assessment (Sidle et al., 1985; Iida, 1999; D’Odorico and 
Fagherazzi, 2003). Observations of repeated landslides in certain areas indicate that for some 
slopes and soil properties there exist a threshold of soil thickness, beyond which failure must 
occur, provided the slope gradient is greater than the angle of internal friction of the failure 
surface (Sidle and Ochiai, 2006). Therefore, to estimate the long-term susceptibility to 
shallow landsliding, a combined model of soil depth development and rainstorm occurrence 
is needed, since both of these factors control the recurrence interval of shallow landsliding 
(Iida, 2004). 

Recently D’Odorico and Fagherazzi (2003) have presented a probabilistic model of 
rainfall-triggered shallow landslides in hollows and showed that landslide frequency is linked 
to the rainfall intensity-duration-frequency characteristics of the region. They developed a 
stochastic model that computes the temporal evolution of regolith thickness in a hollow and 
hollow hydrologic response to rainfall based on a steady-state kinematic wave model for 
subsurface flow. In this research, we will use some elements of this model (stochastic soil 
mass balance) to simulate the soil production (colluvial deposit) and soil erosion (landslide) 
in time for hollows with complex shapes. Although our model is similar to that presented by 
D’Odorico and Fagherazzi (2003) in that it is a probabilistic model of rainfall-induced 
shallow landslides, there is an important difference. Convergent plan shapes or concave 
profile curvatures cause the kinematic wave model to perform relatively poorly even in steep 
slopes (Hilberts et al., 2004). Troch et al. (2003) observed that hillslope plan shape rather 
than mean bedrock slope angle determines the validity of the kinematic wave approximation 
to describe the subsurface flow process along complex hillslopes. Therefore, incorporating a 
more realistic description of hollow hydrology in the stochastic landslide model is needed, as 
hollows are generally convergent (e.g. Hack, 1965; Reneau and Dietrich, 1987) and hollows 
with more convergence have more potential for landslide occurrence. 

To investigate the role of rain infiltration on landslide triggering, some investigators 
(e.g. Iverson, 2000) have employed the Richards equation to assess the effects of transient 
rainfall on the timing, rate and location of landslides. However, the Richards equation is 
highly complex and requires the solution of large systems of equations even for small 
problems (Paniconi et al., 2003). Troch et al. (2003) introduced the hillslope-storage 
Boussinesq (HSB) model to describe subsurface flow and saturation along geometrically 
complex hillslopes. This model is formulated by expressing the continuity and Darcy 
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equations in terms of soil storage as the dependent variable. The resulting HSB model shows 
that the dynamic response of complex hillslopes during drainage and recharge events depends 
very much on the slope angle, plan shape and profile curvature (Troch et al., 2003; Hilberts 
et al., 2004; Berne et al., 2005; Hilberts et al., 2007). The HSB model can be linearized and 
further reduced to an advection-diffusion equation for subsurface flow in hillslopes with 
constant bedrock slopes and exponential width functions (Berne et al., 2005).  

To relax the KW assumptions, in this paper we substitute the linearized steady-state 
HSB model in the work of D’Odorico and Fagherazzi (2003) for complex hollows (hollows 
with different length, slope angle and convergence degree). In fact, using an exponential 
width function, hollows with different convergence degree is presented and then for each 
hollow the critical soil depth, the minimum value of landslide-triggering saturated depth and 
the minimum rainfall intensity needed to trigger a landslide along hollow length are 
computed. Moreover, the temporal evolution of colluvium thickness is studied through a 
stochastic soil mass balance. Therefore, by considering the soil production function and 
hydrology condition in the different hollows, stability of each hollow is analyzed by the 
infinite slope stability method. Finally, the generalized model helps to investigate the relation 
between rainfall characteristics (intensity and duration), water table depth and slope stability 
of colluvial deposits in complex hollows. 
 
5.2. Model formulation 
5.2.1 Hollow geometry 

Topography influences shallow landslide initiation through both concentration of 
subsurface flow and the effect of slope gradient on slope stability (Montgomery and Dietrich, 
1994). Slope failure often occurs in areas of convergent topography where subsurface soil 
water flow paths give rise to excess pore-water pressures downslope (Wilkinson et al., 2002; 
Talebi et al., 2007a, 2007c). In most models of slope stability only the slope angle is 
considered. Although slope gradient is an important factor in landslide initiation, other 
geometric characteristics (such as profile curvature and plan shape) also control the 
hydrological process (Hilberts et al., 2004) and as such affect hillslope stability (Talebi et al., 
2007b). The plan shape defines topographic convergence which is an important control on 
subsurface flow concentration. Several investigations (e.g. Fernandes et al., 1994; 
Montgomery et al., 1997; Tsuboyama et al., 2000; Troch et al., 2002; Hilberts et al., 2004) 
have shown that hillslopes with convergent plan shape tend to concentrate subsurface water 
into small areas of the slope, thereby generating rapid pore water pressure increases during 
rain storms.  

We consider only hollows with moderate to steep slopes and shallow, permeable soils 
overlying a straight bedrock where subsurface storm flow is the dominant flow mechanism. 
Shallow soils are most prone to rain-induced landslides. It is assumed that the plan shape of 
the hollow can be described using an exponential width function: 
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where w is the hollow width (deposits) along the x′  direction (see Figure 4.1), x′  is the 
distance from the outlet of hollow parallel to bedrock), ow  is the hollow width at the outlet, A 

is the hollow area, L′  is the hollow length and a is a plan shape parameter. Allowing this 
plan shape parameter to assume either a positive, zero, or negative value, one can define 
several basic geometric relief forms: a>0 for convergent, a<0 for divergent and a=0 for 
parallel shapes. As hollows are generally convergent (e.g. Hack, 1965; Reneau and Dietrich, 
1987), we will assume a wide range of positive numbers for convergent hollows.  

As the purpose of this study is to investigate the effect of hollow geometry and 
hydrology on landslide probability, we employ the subsurface flow similarity parameter for 
complex hollows proposed by Berne et al. (2005). This dimensionless parameter, the 
hillslope Péclet number, is defined for subsurface flow as the ratio between the characteristic 
diffusive time and the characteristic advective time, taken from the middle of the hillslope:  
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where p is a linearization parameter, D′  is the soil depth and β  is the bedrock slope angle. 

As can be seen, Pe is a function of three independent dimensionless groups: ( )DpL ′′ 2/ ,  

βtan  and 2/La ′  ; ( )DpL ′′ 2/  represents the ratio of the half length and the average depth of 
the aquifer (related to the hollow hydrology), and βtan  and 2/La ′  define the hollow 
geometry (see Berne et al., 2005).  
 
5.2.2 Hollow stability  

Planar infinite slope analysis has been widely applied to the determination of natural 
slope stability, particularly where the thickness of the soil mantle is small compared with the 
slope length and where landslides are due to the failure of a soil mantle that overlies a sloping 
drainage barrier (Borga et al., 2002). Iida (1999) used the same approach in his stochastic 
hydro-geomorphological model for shallow landsliding due to rainstorms. He states that the 
two-layer model of soil (regolith) and bedrock, which assumes a potential landsliding (soil) 
layer, is suitable for the slope stability analysis in case of shallow landsliding. In this study 
the slope stability model is based on a Mohr-Coulomb failure law applied to an infinite planar 
slope. The failure condition can be expressed as (e.g. Montgometry and Dietrich, 1994; 
D’Odorico and Fagherazzi, 2003): 

( ) φβγβγβγ tancoscossin hDcD wsattsat ′−′+=′                                  (5.3) 

where satγ and wγ  are the specific weights of saturated soil and water respectively, β  is the 

bedrock slope angle, φ  is the soil repose angle, tc  is the soil cohesion and h′  is the saturated 

water depth, with both h′  and D′  (deposit thickness) being measured perpendicularly to the 
bedrock. 
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By solving Equation (5.3) for h′ , the minimum value of landslide-triggering saturated 
depth ( crh ) can be obtained as (D’Odorico and Fagherazzi, 2003): 
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When the soil depth ( D′ ) is equal to crh , the critical soil depth or immunity depth ( crD ) is 

given as follows (e. g. Iida, 1999; D’Odorico and Fagherazzi, 2003):  

( )φββγβφγ tantancoscostan −+
=

satw

t
cr

c
D                                      (5.5) 

 
As long as crDD <′ , no shallow landslide will occur as the depth h′  of the saturated 

layer cannot reach the critical value crh , even following an intense rainstorm. For this reason 

the period during which crDD <′  may be named “immunity period” (Iida, 1999; D’Odorico 

and Fagherazzi, 2003). In gentle slopes (in contrast to steep slopes), an increase in colluvium 
thickness increases stability. Hence, for gentle slopes the likelihood of landslide occurrence is 
maximum when crDD =′  and decreases for larger values of D′  (e.g. Iida, 1999; D’Odorico 

and Fagherazzi, 2003). For steep slopes the occurrence of a rainstorm can lead to landsliding 
as soon as the soil depth starts to exceed the critical depth.   

The hydrogeomorphological significance of these equations is as follows: 
-When crDD <′ , no shallow landsliding occurs and the slope is stable (independent of 

rainfall). 
-When crDD >′ , the water table depth ( h′ ) can exceed crh  during a rainstorm, potentially 

leading to shallow landsliding.  
In the case of relatively steep slopes (β >φ ), crh  decreases linearly (i.e. stability decreases) 

with an increase of soil depth D′  (see Equation (5.4)). The soil depth maxD  for which shallow 

landsliding can occur without saturated throughflow (corresponding to 0=crh ) is (Iida, 

1999): 

( )φββγ tantancosmax −
=

sat

tc
D                                                                                 (5.6) 

In practice, maxD  is never reached because the soil depth increases slowly with time (see 

section 5.2.5) and periodic rainstorms will produce at least some saturated subsurface flow 
and consequently destabilization at thicknesses less than maxD . Therefore, according to this 

model, shallow landsliding occurs when the soil depth D′  ranges between crD  and maxD . 

Note that in the case of relatively gentle slopes (β <φ ), crh  increases linearly (i.e. stability 

increases) with an increase of D′ , hence no upper limit to the soil depth ( maxD ) exists. This 

means that for gentle slopes, the likelihood of landslide occurrence is maximum 
when crDD =′ . 
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5.2.3 Hollow Hydrology 

Hillslope hydrological response has traditionally been studied by means of hydraulic 
groundwater theory (Troch et al., 2003). In many regions, groundwater flow is the main 
source of streamflow between rainfall events. The basic macroscopic equation describing the 
movement of water in the soil is known as the three-dimensional Richards’ equation. It is 
highly complex and requires the solution of relatively large systems of equations even for 
small problems (Paniconi et al., 2003).  

To incorporate the hydrological process in hillslope stability analysis, many researchers 
(e.g. Montgomery and Dietrich, 1994; Wu and Sidle, 1995; D’Odorico and Fagherazzi, 2003) 
have used kinematic wave hydrology (KW). When water table gradients are high and bedrock 
slopes are relatively small, diffusive effects become important. In such hillslopes (e.g. 
convergent and gentle hillslopes) the KW model shows a relatively poor match to the 
Richards’ model (Hilberts et al., 2004). Therefore, we propose to relax the KW assumption in 
hillslope stability analysis.  

Troch et al. (2003) reformulated the continuity and Darcy equations in terms of storage 
along the hillslope, which leads to the hillslope storage Boussinesq (HSB) equation for 
subsurface flow in hillslopes. Extending Brutsaert’s (1994) analysis, they linearized this 
equation as: 
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where S ′  is the subsurface saturated storage, N is the recharge to the ground water table, sk  

is the saturated hydraulic conductivity and  f is the drainable porosity (note that the value of  
p is determined iteratively as Dp ′  should be equal to the average water table height 

)/()(
0
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L

∫
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′′′  where A is the hollow drainage area). The assumptions are that the recharge 

rate of subsurface flow is equal to the rainfall intensity and that water flows parallel to 
bedrock. Comparison between the hillslope-storage Boussinesq and Richards’ equation 
models for various scenarios and hillslope configurations shows that the HSB model is able 
to capture the general features of the storage and outflow responses of complex hillslopes 
(Paniconi et al., 2003; Hilberts et al., 2004). Berne et al. (2005) derived the steady-state 
solution of Equation (5.7), with a zero-storage downstream boundary condition and a zero-
flux upstream boundary condition, for a given recharge N as:  
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For parallel hillslopes ( 0=a ), this reduces to: 
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According to the definition of the storage S ′ , the mean groundwater table height (over the 
hillslope width) is: 
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Again, for parallel hillslopes this reduces to: 
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The x-coordinate mx′  where the mean groundwater table height is maximum (the critical point 

for slope stability), can be obtained by solving 0)( =′′ mxh  (see Berne et al., 2005): 
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which for parallel hillslopes reduces to ⎟
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Now, by substituting the Equation (5.12) into Equations (5.10) or (5.11), we can obtain 
the maximum groundwater table depth in each hillslope (which is critical for landslide 
occurrence): 
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which for parallel hillslopes reduces to: 
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Equating )( mxh ′′  and crh , the critical rainfall intensity for triggering landslides ( crR ) can now 

be calculated as: 
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which for parallel hillslopes ( 0=a ) reduces to: 
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Note that Equations (5.15) and (5.16) illustrate how crR  (the minimum rainfall intensity 

needed to trigger a landslide) is a function of the deposit thickness ( crD ).  

To compare with the linearized HSB model, we also derive the steady-state solution of 
Equation (5.7) for a given recharge N under the KW assumption ( )0=K as: 
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As 0=′mx  (in the KW case), then:  
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Now, the critical rainfall intensity for triggering landslides ( crR ) can be calculated as: 
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Note that for parallel hillslopes ( 0=a ), these equations reduce to: 
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D’Odorico and Fagherazzi (2003) have presented critical rainfall intensity equal to 
AwkhR s /sin0 β′=  for all hollow shapes and based on the KW assumptions. As can be seen, 

this equation is similar to Equation (5.22) which has been presented based on the KW 
assumptions and for parallel hollows. As we will show, the results of the KW and HSB 
models for hollow hydrology differ significantly (especially for hollows with high 
convergence degree) and this affects landslide probability.   

The analysis of landslide frequency also requires the estimation of the duration of the 
triggering rainfall. For this purpose, D’Odorico and Fagherazzi (2003) applied the rational 
method (e.g. Chow et al., 1988) to the subsurface flow in hollows to determine the most 
critical storm duration for a given return period. The rational method assumes that the time of 
concentration ( cT ) is the most critical storm duration. Thus the maximum saturated depth 

generated by storms of a given frequency is due to events of duration cT . Here, we update the 

way in which the time of concentration is calculated to make it fully consistent with the 
linearized steady-state HSB model. Hence, the concentration time can be expressed as: 
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In the KW limit this reduces to ULTc /′= , which for parallel hillslopes can be written as 

( )βsin/ sc kfLT ′= . D’Odorico and Fagherazzi (2003) expressed the concentration time as 

( )βsin/ sc kACT = , where C is a dimensionless coefficient accounting for other factors 
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affecting the concentration time and A is the hollow contributing area. This suggests that an 
equivalent hollow length can be estimated as fACL /=′ . According to the exponential 

width function, Equation (5.1), the contributing area is ( ) aewA La /10 −= ′ . This provides an 

implicit equation to estimate the degree of convergence of an equivalent exponential hollow 
from given values of A, ow , and L′ . 

 
5.2.4 Return period of the triggering rainfall 

Rainfall is considered to be the most important factor in triggering slope failure. To 
accomplish a hazard analysis of the landslide phenomenon, a probability analysis of intense 
rainfall occurrence for different return periods is needed. The objective of rainfall frequency 
analysis is to estimate the amount of rainfall falling at a given point for a specified duration 
and return period. The frequency of extreme rainfall is usually defined by reference to the 
annual maximum series, which comprises the largest values observed in each year. The 
Gumbel distribution has been the most common probabilistic model used in modelling 
hydrological extremes (Brutsaert, 2005). Since landslides are triggered by extreme rainfalls, 
following D’Odorico and Fagherazzi (2003), we use a Gumbel distribution to express the 
dependence between annual maximum rainfall intensity for events of duration cT  and return 

period rT  as follows: 
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where rT  is the return period, )( cTR  is the annual maximum rainfall intensity of duration cT , 

u and v are the parameters of the Gumbel distribution and λ  is the probability that the 
maximum intensity exceeds )( cTR  in a given year. As our model is applied to a parameter set 

(for four realistic hollows) derived from published data from the Oregon Coastal range (e.g. 
Montgomery et al., 1997; Torres et al., 1998; Stock and Dietrich, 2003; D’Odorico and 
Fagherazzi, 2003), based on rainfall data available for the Oregon Coastal range 
(Montgomery et al., 1997) the relation between u, v and cT  is found to be u/v = 2.6 and 

6.0 75.4 −= cTv . From the value of cT  in a hollow, the parameters u and v are computed and 

the return period of the critical rainfall intensity will be determined. Note that rT/1=λ  is a 
function of the soil depth due to the dependence between the intensity of the triggering 
precipitation, crR , and crD  (see Equations (5.15), (5.16), (5.19), and (5.22)).  

 
5.2.5 Temporal evolution of deposit thickness  

The temporal evolution of colluvial deposits in hollows can be characterized by a 
continuous process of deposit accretion, and a discontinuous random process of denudation 
caused by rainfall-triggered landslides, which scour to the bedrock large portions of the 
hollow (D’Odorico and Fagherazzi, 2003). The temporal evolution of colluvium thickness 
can thus be studied through a stochastic soil mass balance, accounting for the supply of debris 
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from the adjacent slopes and for random denudation due to landsliding. The description of the 
probabilistic soil mass balance model we apply in this study largely follows that of 
D’Odorico and Fagherazzi (2003). 

Many studies analyzed the soil production and landscape evolution to investigate the 
spatial and temporal patterns of soil thickness (e.g. Kirkby, 1985; Dietrich et al., 1986; 
Heimsath et al., 1997; Heimsath et al., 2001). Based on the conservation of mass equation for 
a tipped triangular trough and slope-dependent transport, Dietrich et al. (1986) presented an 
expression for the rate of colluvium accumulation in hollows. They showed that the rate of 
accumulation is a function of the side-slope gradient and the difference between the side-
slope and hollow gradient. For a hollow composed of a tipped triangular trough and two 
planar side slopes, the accretion of colluvial deposits can be obtained as (Dietrich et al., 
1986): 

[ ( ) ] 5.022   tantancos2 tDD c βαβ −=′ ,                                                                               (5.25) 

where cD  is the soil creep diffusivity, α  is the angle between the side slopes and a horizontal 

plane and t is time. Dietrich et al. (1986) also showed that basin form, consisting of noses, 
side slopes, and a hollow appears to be well represented by the geometry of a tipped 
triangular trough and typically the ratio of hollow slope to side slope is about 0.8. If we 
assume that α andβ  do not vary substantially with time, then Equation (5.25) can be 
expressed as (D’Odorico and Fagherazzi, 2003): 
 MtD =′ ; ( )βαβ 22 tantancos2 −= cDM                                             (5.26) 

with M being independent of time. The differentiation of Equation (5.26) with respect to time 
leads to: 
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showing that the rate of colluvium accretion decreases with the depth, D′ , of the deposit 
(D’Odorico and Fagherazzi, 2003). Now, the overall temporal evolution of the deposit 
thickness ( D′ ) can be stated as: 

  ),()( tDJDl
dt
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                                            (5.28) 

where )(Dl ′  is a depth-dependent function of net colluvium accretion expressed by Equation 
(5.27) and ),( tDJ ′  is the rate of soil removed by debris flow and shallow landslides. The 
latter is modelled as a stochastic Poisson process (D’Odorico and Fagherazzi, 2003): 
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In this equation δ  represents a Dirac-δ function and the sequence t is such that the 
interarrival time of the triggering precipitation, ii tt −= +1τ , is an exponentially distributed 
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random variable. As a result, the temporal variability of colluvium thickness is controlled by 
the rates of colluvium accretion and erosion (i.e., landslides), and both of them depend on the 
actual state (i.e., deposit thickness) of the system. Note that the time needed to accumulate a 
colluvium thickness crDD =′  ( imT ) is computed as: 

( )[ ]βαβ 222 tantancos2/ −= ccrim DDT                                                                               (5.31) 

. 
5.2.6 Numerical simulation of landslide occurence 

To simulate the dynamics of complex hollows, the following steps are performed: 
- The deposit thickness of a simulated hollow is D′=0 at t=0. 
- The linearization parameter (p) is determined iteratively as p D′  should be equal to average 
water table depth in each hollow ( h′ ) and h′  is calculated using S ′  (saturated storage, 
Equation (5.8) and (5.9)). Note that N is also computed iteratively by substituting crD  (in 

stead of crh ) in Equations (5.15) and (5.16). 

- The time of concentration ( cT ) of each hollow is determined by Equation (5.23).  

- Gumbel rainfall parameters (u and v) are estimated for extreme precipitation of duration cT .  

- The minimum saturated depth ( crh ) able to trigger a landslide is calculated from Equation 

(5.4). 
- The critical rainfall intensity ( crR ) corresponding to crh  is computed from Equations (5.15) 

and (5.16).  
- The probability that R is exceeded in given year is estimated by from Equation (5.24). 
- A random number to determine if a landslide occurs is drawn; if a triggering storm occurs, 
the landslide scours the hollow entirely. 
- The deposit thickness D′  increases by transport from uphill based on Equation (5.27). Note 
that in this model, a landslide occurs when crDDD ≥′>max .   

The presented model, which is an extension of that of D’Odorico and Fagherazzi 
(2003), simulates the long term evolution of soil depth. The extension lies in the fact that the 
probability distribution of scar depth, landslide return period and colluvium thickness is 
calculated for complex hollows based on a more realistic description of hollow hydrology 
(the linearized HSB model). As the aim of this paper is to investigate the effect of geometry 
and hydrology of hollows on landslide probability, we compare the different approaches of 
hollow hydrology (KW and HSB models) in hollows with different geometries. 

The model is applied to a parameter set (for four hollows) derived from published data 
from the Oregon Coastal range (e.g. Montgomery et al., 1997; Torres et al., 1998; Stock and 
Dietrich, 2003; D’Odorico and Fagherazzi, 2003). To apply the exponential width function 
to these four hollows (which are convergent, see Figure 2, Montgomery et al., 1997), 
Equation (5.1) is fitted using the total contributing areas (A), the outlet width ( ow ) and the 

dimensionless coefficient affecting concentration time (C coefficient in Equation 6, 
D’Odorico and Fagherazzi, 2003), as was explained previously after equation (5.23). The 
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hollow length assuming exponential geometry is estimated by fACL /=′ . Now, from the 
equivalent hollow length ( L′ ), the plan shape parameter (a) is calculated using the Equation 
(5.1). Finally, by computing Dp ′  (see Equation (5.2)) in each hollow (iteratively), the 
subsurface saturated storage is obtained by the HSB model (Equations 5.8 and 5.9).  

Table 5.1 lists the values of the hydrological and geotechnical variables used to perform 
stability analyses in the different hollows and Table 5.2 shows the geometric characteristics 
of these four hollows. To generalize the obtained results, we also apply the model for a wide 
range of hollows with different geometric characteristics and different hydrology conditions 
(different Péclet numbers). 
 
 
             Table 5.1: Hydrological and geotechnical model parameters 
              (Published data from Montgomery et al., 1997).  

 
Parameter name Symbol Units Value in this paper 

Saturated hydraulic 
conductivity 

sk  m d-1 65 

Effective porosity f - 0.30 
Soil cohesion tc  kN m-2 11.0 

Soil repose angle φ  o  33 
Saturated unit 
weight of  soil 

satγ  kN m-3 20.0 

Unit weight of 
water 

wγ  kN m-3 9.81 

Diffusivity 
coefficient 

cD  m2 yr-1 0.0032 

Side slope angle α  o  )8.0/arctan(tanβ  
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Table 5.2: Geometric characteristics of four hollows used in this study (Published data from 
Montgomery et al., 1997; D’Odorico and Fagherazzi, 2003). L′  and a are determined from Equation  
(5.1), crD  from Equation (5.5) and imT  from Equation (5.31). 

 
Parameter  

 
Symbol Units 1 2 3 4 

Drainage area  A m2 3700 860 7500 4500 
Bedrock slope 

angle 
β  o  43 43 30 30 

Outlet width 0w  m 12 6 12 12 

Length L′  m 77 37 110 85 
Convergence 

degree  
a m-1 0.030 0.061 0.026 0.029 

Immunity 
depth 

crD  m 1.25 1.25 2.58 2.58 

Immunity 
period 

imT  yr 682 682 6389 6389 

 

5.3. Results and discussion 

Based on Equation (5.5), the critical soil depth ( crD ) for the two steep hollows ( φβ > ) 

is found to be 1.25 m and for the two gentle hollows ( φβ < ) 2.58 m (see Table 5.2). Table 
5.3 and Table 5.4 show the results of the landslide probability analysis for the KW and the 
HSB model, respectively. They illustrate how the hydrological properties and stability of 
hollows change as a function of hollow geometry. As can be seen, the values of the 
concentration time ( cT ) are slightly longer for the HSB model than for the KW model. This is 

because in the KW model the diffusion term is ignored (K=0 in Equation (5.7)). As a result, 
other parameters ( crR and rT ) for all hollows are also larger for the HSB model. This affects 

the stability regime, especially in gentle and convergent hollows (see Table 5.4).  
Based on the obtained results (Tables 5.3 and 5.4), the immunity period ( imT , i.e. the 

time needed to accumulate a colluvium thickness crDD =′ ) of hollows 1 and 3 are 

significantly longer than the return period of the triggering rainfall ( rT ). This means that 
landslide occurrence is limited by the supply of debris from the adjacent slopes, rather than 
by the occurrence of triggering rainfall. As soon as the soil depth reaches crD , a landslide will 

occur shortly. D’Odorico and Fagherazzi (2003) denote this regime as “supply limited”, 
indicating that the landslide return period depends first and foremost on soil production. On 
the other hand, in hollow 2 (where imT is the same as for hollow 1), a higher rainfall intensity 

is needed to trigger landslides ( rim TT < ). In that case landslides occur when an extreme 
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rainfall intensity is able to produce the critical saturated depth ( crh ) required for landslide 

occurrence. This is called the event-limited regime. Hence, it can be concluded that hollow 
geometry is an important control on subsurface flow response (Troch et al., 2003; Hilberts et 
al., 2004) and this process affects slope stability (Talebi et al., 2007b).  

 
Table 5.3: Characteristics of hollows based on the kinematic wave assumption. 
  

Parameter  
 

Symbol Units 1 2 3 4 

       
Time of 
concentration 

cT  hr 12.5 6.0 24.3 18.8 

Critical rainfall 
intensity  

crR  mm hr-1 7.5 16.1 5.6 9.3 

Return period 
of triggering 
rainfall 

rT  yr 98 1581 216 6623 

Condition - - Supply-
limited 

Event-
limited 

Supply-
limited 

Event-limited to 
unconditionally 

stable 
 
 
 
Table 5.4: Characteristics of hollows based on the HSB model. 
 

Parameter  
 

Symbol Units 1 2 3 4 

Péclet number Pe - 170 74.16 91.7 55.8 
Linearization 
parameter 

p - 0.168 0.184 0.132 0.167 

Time of 
concentration 

cT  hr 13.5 6.4 24.7 19.2 

x-coordinate  
where 

maxhh =′  

mx′  m 1.10     1.02 2.46 2.85 

Critical rainfall 
intensity  

crR  mm hr-1 7.8 17.6 6.1 10.5 

Return period 
of triggering 
rainfall 

rT  yr 191 5948 481 32342 

Condition - - Supply-
limited 

Event-
limited 

Supply-
limited 

Unconditionally 
stable 
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Figure 5.1 shows long term simulations of deposit thickness evolution in the four 

hollows (from top to bottom) and illustrates how shallow landsliding occurs when the soil 
thickness ( D′ ) ranges between crD  and maxD . In this figure, left and right columns show the 

time series of deposit thickness for the KW and HSB models, respectively. As can be seen, 
the landslide probability analysis for the HSB model (using a more realistic description of 
hollow hydrology) shows significant differences with respect to the results of the KW model 
(especially in gentle and convergent hollows, Figure 5.1, last row). Comparison of the results 
reported in Tables 5.3 and 5.4 with Figure 5.1 also illustrate that the KW model looses its 
ability in gentle hollows, such as in hollow no. 4, where the stability regime has also been 
changed. Figure 5.1 also indicates how, as a function of the hollow geometry from steep 
slopes (top) to gentle slopes (bottom), the landslide probability is changed as well. For 
instance in hollow 4 (where rT >> imT ), landslides never occur and the system can be termed 

“unconditionally-stable”.  
Figure 5.2 illustrates the probability distribution of colluvium thickness when a 

landslide occurs as simulated by the KW model (left column) and the HSB model (right 
column) ( slideD ). Note that hollow 4 lies in the unconditionally-stable regime, hence the 

distribution of slideD  can only be presented for the three remaining hollows. These histograms 

show that not only the different hollows have different distributions of scar depth, but also the 
results of the KW and HSB models are significantly different. The average (m) and standard 
deviation (sd) of histograms in each row shows these differences clearly. As can be seen, the 
probability of distribution of slideD  is concentrated close to the immunity depth ( crD ) for the 

supply-limited case, whereas it is concentrated at significantly larger depths for the event-
limited cases. 
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Figure 5.1: Long term simulation of deposit thickness for the four hollows in Table 5.1 (from first to 
fourth row, respectively). Left column: KW; right column: HSB model. 
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Figure 5.2: Probability distribution of scar depth (colluvium thickness when a landslide occurs) for 
hollows 1, 2 and 3, respectively. Left column: KW; right column: HSB model. 
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Figures 5.3 and 5.4 indicate how the probability distributions of the interarrival of the 
landslide-producing rain events ( slideT ) and the corresponding rainfall intensities ( slideR ) vary 

for the different hollows. As in the previous figure, the left and right columns show the 
results of the KW model and the HSB model, respectively. These results show that in hollow 
1 (which has less convergence and a larger area), slideT  is close to imT (supply limited regime), 

while in hollow 2 (which has more convergence and a smaller area), slideT  moves in the 

direction of rT  (event limited regime). Comparison of the left and right columns in Figure 5.4 
also indicates that the values of slideR  (the rainfall intensity generating a landslide) are 

significantly different for the KW and HSB models. This is because the computation of the 
concentration time of the HSB model (Equation 5.23) includes the effect of diffusion. 

Figure 5.5 shows the probability distribution of colluvium thickness for the different 
hollows corresponding to the KW (left column) and the HSB model (right column). As can 
be seen, as soon as the soil depth reaches the immunity depth, landslides begin to occur. 
Hollow 2 (second row in Figure 5.5) shows a significant difference between the KW and 
HSB models. This is because in hollow 2 (which lies in the event-limited regime), the value 
of rT / imT  for the KW model is less than for the HSB model, indicating that landslides occur a 

longer time after crD  for the HSB model. Hence, including a diffusion term in the steady-state 

hydrological model has a noticeable influence on the landslide probability. 
In order to quantify the effect of variations of hollow geometrical parameters (e.g. D′ , 

L′ , A, a andβ ) and hollow hydrological parameters (e.g. S ′ , h′  and p) and to generalize the 
results obtain, different landslide regimes have been investigated for a wide range of hollow 
geometrical and hydrological parameters for gentle and steep slopes (see Figure 5.6). As can 
be seen, by changing the length ( L′ ), slope (β ) and shape (a) of several hollows, a wide 
range of Péclet number (Equation 5.2, dimensionless parameter for hollow geometry and 
hydrology), corresponding to the immunity period ( imT ) and return period of triggering 

rainfall ( rT ) has been obtained. In particular, we have investigated the relationship between 
the Péclet number of a large number of hollows and the ratio of rT / imT . Based on our model, 

different regimes can occur, which depend on the ratio between rT  and imT (see Table 5.4). 

Figure 5.6 summarizes the results of this paper and shows how presented model allows to 
identify different landslide regimes as a function of hollow geometry, hydrology and 
climatology. Therefore, Péclet number (pe) as the index of geometry and hydrology,  imT  as 

the index of temporal variability of colluvium thickness and rT as the index of climatology 
can be used to investigate the probability distribution of shallow landslides in the different 
hollows. 
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Figure 5.3: Probability distribution of landslide return period for hollows 1, 2 and 3, respectively. 
Left column: KW; right column: HSB model. 
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Figure 5.4: Probability distribution of the landslide triggering rainfall intensity for hollows 1, 2 and 3, 
respectively. Left column: KW; right column: HSB model. 
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Figure 5.5: Probability distribution of colluvium thickness for hollows 1, 2 and 3, respectively. Left 
column: KW; right column: HSB model. 
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Figure 5.6: The relation between hollow geometry (Pe) and hollow stability and landslide regime in 
steep (top) and gentle hollows (bottom). 
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5.4. Conclusions 
The aim of this paper was to investigate the effect of hollow geometry and hydrology 

on probability distribution of landslides in complex hollows (hollows with different length, 
slope and convergence degree). For that purpose and to relax the KW assumptions, we 
substituted a more realistic description of hollow hydrology (the linearized steady-state HSB 
model) in the work of D’Odorico and Fagherazzi (2003). The obtained model constitutes a 
probabilistic model of rainfall-induced shallow landsliding in complex hollows and allows to 
investigate the relation between the return period of rainfall, deposit thickness and landslide 
occurrence. The main assumptions of the presented model are:  

- infinite planar slope stability analysis;  
- steady-state hydrology;  
- statistical model relating depth-duration-frequency of extreme precipitation based on 

Gumbel extreme value distribution;  
- growth of colluvial deposits in hollow only due to transport of soil from uphill, not 

from physical weathering of underlying bedrock;  
- and landslides scour hollow to bedrock.  

Note that similar assumptions regarding hillslope hydrology and stability have been 
employed by other researchers (e.g. Montgomery et al., 1998; Iida, 1999; D’Odorico and 
Fagherazzi, 2003; Rosso et al., 2006).  

The following conclusions can be drawn from our rainfall-induced landslide stability 
analysis in response to deposit thickness evolution in complex hollows:  
(i) Although shallow landslides in hollows are mainly triggered by high rainfall intensities, 
deposit thickness also plays an important role in stability.  
(ii) With other site variables constant, shallow landslides usually occur when the soil depth 
(deposits thickness) is between crD  and maxD  (as has been confirmed by other researchers, 

e.g. Iida, 1999; D’Odorico and Fagherazzi, 2003). 
(iii) Given a deposit thickness, for each hollow there exists a critical rainfall intensity leading 
to the highest water table and subsequent landslide occurrence.  
(iv) In general, when convergence degree of hollows increases, the time period between land 
slides ( slideT ) decreases. This means that hollows with more convergence degree are generally 

more susceptible to landsliding. 
(v) In addition to the effect of slope angle, plan shape also controls the subsurface flow and 
this process affects the probability distribution of landslide occurrence in complex hollows 
and should be considered in hollow stability analysis. 
(vi) Finally, it can be concluded that incorporating a more realistic description of hollow 
hydrology (instead of the KW model) in landslide probability models is necessary, especially 
for hollows with high convergence degree (which are more susceptible to land sliding). 
 
 
 
 



Chapter 5 
__________________________________________________________________________________ 

 92 

 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 



___________________________________________________________________________ 

 

 

 

 

 

 

Chapter 6 
 

 

 

 

 

 

 

 

Summary and conclusions 
 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

___________________________________________________________________________ 



Chapter 6 
__________________________________________________________________________________ 
 

 94 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 
 
 
 
 
 
 
 



Summary and conclusions 
__________________________________________________________________________________ 
 

 95

6. Summary and conclusions 
 
6.1. Introduction 

The hydrologic response of a hillslope to rainfall involves a complex, transient 
saturated-unsaturated interaction that usually leads to a water table rise. Rising pore water 
pressures can reduce the effective weight of the soil mass by producing an uplift force. An 
increase of saturated groundwater flow is the triggering mechanism for slope failure. Since 
the dynamic response of hillslopes is strongly dependent on plan shape, slope curvature and 
slope angle (Troch et al., 2002; Hilberts et al., 2004), a three dimensional model of dynamic 
hillslope hydrology is needed for stability analysis of complex hillslopes. The mathematical 
description of these flow processes results in the formulation of the 3D Richards equation, 
which is difficult to solve numerically. To overcome difficulties associated with three-
dimensional models, low-dimensional hillslope models have been developed by Troch and 
co-workers. These models are able to treat geometric complexity in a simple way based on a 
concept presented by Fan and Bras (1998), resulting in a significant reduction in model 
complexity. These models can cope with varying hillslope width functions and bedrock 
slopes (Hilberts et al., 2004). This final chapter will reflect on the most important 
conclusions from coupling these low-dimensional models with slope stability models in 
complex hillslopes and hollows and discuss the main objectives and research aims postulated 
in Chapter 1. Finally some ideas for future research are put forward.  
 
6.2. A steady-state analytical slope stability model for complex hillslopes 

The approach described in Chapter 2 provides an analytical hillslope stability model for 
assessing the relationship between slope geometry and slope stability in complex hillslopes. 
The model consists of a topography model, a steady-state hydrological model and the infinite 
slope stability assumption. The presented hydrological model takes account of the effects of 
topography on hillslope saturated storage through the plan shape and profile curvature. By 
varying these two parameters, nine basic hillslope shapes were used to compute their factor 
of safety (FS) for given hydraulic and hydrologic conditions. We have demonstrated that 
these nine basic hillslopes show quite different behavior from a slope stability viewpoint. It is 
shown that in addition to average bedrock slope angle, topographic characteristics (especially 
profile curvature and plan shape) of the hillslope control the subsurface flow and this process 
strongly affects slope stability by changing the soil strength. In particular, when the width 
function (plan shape) changes from divergent to convergent, hillslope stability generally 
decreases. This effect is more pronounced for concave length profiles. As a result, for a given 
plan shape (convergent, parallel or divergent) convex hillslopes are generally more stable 
than either concave or straight hillslopes, particularly when the average bedrock slope angle 
approaches the effective angle of internal friction.  

Several assumptions have been made to derive the relationships in Chapter 2. Although 
the assumptions incorporated in the model limit its use, the model can determine relative 



Chapter 6 
__________________________________________________________________________________ 
 

 96 

stability in different hillslopes with different profile curvatures and plan shapes. The first 
assumption is the use of the kinematic wave approximation for subsurface flow. The 
advantages of the kinematic wave approximation are, first, that analytical solutions exist, and 
second, that the model accounts explicitly for the profile curvature and plan shape (Troch et 
al., 2002). The main disadvantage of the kinematic wave approximation is that it does not 
account for diffuse drainage; hence the model is not applicable for gently to moderately 
sloping terrains. Since the key element for initiation of shallow landslides is the average 
bedrock slope angle, this assumption is not expected to have a large influence on the slope 
stability analysis (except for convergent hillslopes). 

Another assumption is that soil density above and below the water table is the same in 
the steady-state condition. The next step in our analysis has been to relax this assumption by 
combining the saturated storage hydrological model with a steady-state unsaturated storage 
hydrological model (Chapter 3). This has allowed us to derive soil moisture profiles defined 
by the constant rainfall rate and the lower boundary condition (i.e. the groundwater level) 
from which the unsaturated soil density can be computed. The performance of the infinite 
slope hypothesis compared to alternative approaches to estimate slope stability (such as the 
Bishop and Janbu methods) has also been investigated (Chapter 3).  
 
6.3. Soil moisture storage and hillslope stability   

The aim of this part of the research is to analyze the role of the geometric 
characteristics of hillslopes as well as the effect of the unsaturated zone storage on the 
hillslope stability in the steady-state hydrology. This was studied on the basis of computing 
and analyzing the factor of safety in two different manners. First, by means of the analytical 
model presented in Chapter 2 (Talebi et al., 2007a). Second, by means of a more complex 
approach (i.e. non-constant soil depth associated with deep landslides) that accounts for the 
unsaturated zone storage and that relaxes the simplifying assumptions of the infinite slope 
stability model (Janbu’s non-circular method and Bishop’s simplified method). All methods 
were studied in two cases: with and without considering the soil moisture profile in the 
unsaturated zone. The effect of soil suction on soil cohesion was also incorporated. 

We again applied the different hillslope stability models to nine characteristic hillslope 
types with three different profile curvatures (concave, straight, convex) and three different 
plan shapes (convergent, parallel, divergent). In order to generalize the results, we also 
applied the slope stability models to a wide range of plan shapes and profile curvatures. In the 
case of the infinite slope method for shallow landslides (with and without the unsaturated 
zone storage), the convergent hillslopes with concave profile curvature have the least stability 
in both cases. The divergent convex hillslopes have the most stability as they have less 
storage than other hillslopes. 

To evaluate the critical slip surface for hillslopes with non-constant soil depth, Bishop’s 
method was incorporated in the analytical model. In this case, not only the factor of safety is 
different in the hillslopes but also the location of the critical slip surface changes. The critical 
slip surface is located at the upstream end of the slope in the concave hillslopes and near the 
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outlet in the convex hillslopes. This is because the local slope angle (profile curvature) plays 
a key role in the slope stability. Therefore, it can be concluded that the location of the critical 
slip surface is more dependent on profile curvature than on plan shape. Overall, for a given 
plan shape (convergent, parallel or divergent) convex convergent hillslopes have slip surfaces 
with the minimum safety factor in the outlet region. To compare the stability of entire 
hillslopes, Janbu’s non-circular method was incorporated in the analytical model with a slip 
surface at the bedrock. This method also shows that convergent hillslopes with concave 
profile curvature have the least stability. 

A comparison of the results of the different slope stability models with and without 
considering the unsaturated zone storage shows that there is no noticeable difference between 
the two cases. This means that the bulk specific weight of the unsaturated zone can be 
considered equal to that of the saturated zone in the steady-state hydrology. Hence, the 
hillslope stability is completely determined by the water table dynamics. Therefore the effect 
of the unsaturated zone storage can safely be neglected in the steady-state hydrology. Finally, 
we conclude that the more complex approach (simplified Bishop method and Janbu’s non-
circular method) and a steady-state hydrology model can predict the critical slip surface and 
slope stability for hillslopes with different geometrical characteristics. Due to its limitation 
(steady-state hydrology) more research is needed to account for dynamical slope stability 
effects. In Chapter 4 we have presented a dynamic slope stability model for complex 
hillslopes. 
 
6.4. A low-dimensional physically-based model of hydrologic control on 

shallow landsliding in complex hillslopes 
In Chapter 4, a physically-based hillslope stability model is presented to investigate the 

dynamic controls of shallow landsliding for complex hillslopes. The presented model is 
composed of three parts: a topography model conceptualizing three-dimensional soil mantled 
landscapes, a dynamic hydrology model for shallow subsurface flow and water table depth 
(HSB model) (Troch et al., 2003; Hilberts et al., 2004) and an infinite slope stability method 
based on the Mohr-Coulomb failure law. The HSB model is based on the continuity and 
Darcy equations in terms of storage along the hillslope. The resulting Hillslope-Storage 
Boussinesq Stability Model (HSB-SM) is able to simulate rain-induced shallow landsliding in 
hillslopes with non-constant bedrock slope and non-parallel plan shape. Based on the HSB-
SM model, the dynamic response of complex hillslopes during drainage and recharge events 
depends very much on the slope angle, plan shape and slope curvature.  

In the HSB-SM model, the rate of daily precipitation is substituted by the recharge rate 
directly. This means that the variations of the unsaturated zone storage have been ignored 
(note that soil moisture in the unsaturated zone has been calculated by Darcy’s law with a 
unit gradient assumption). To relax this assumption, the slope stability analysis has also been 
investigated based on coupling the saturated and unsaturated storages (Hilberts et al., 2007).  
To investigate the effect of the unsaturated zone storage on hillslope stability under time-
varying conditions, this model has been combined with the infinite slope stability method. 
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Both methods yield comparable results, illustrating the hillslope stability is mainly 
determined by the water table dynamics (saturated soil moisture storage). These results are 
confirmed by others (e.g. Iverson, 2000; Iida, 2004; Rosso et al., 2006; Talebi et al., 2007b). 
Therefore, we can safely use the original HSB model (Troch et al., 2003; Hilberts et al., 
2004) for stability analysis in hillslopes with different plan shapes and profile curvatures. 

The results of the stability analysis for different recharge rates (using the HSB-SM 
model) indicate clear differences in the stability of different hillslope types for the same soil 
condition. In all cases (different recharge rates), convergent hillslopes with concave and 
straight profiles become unstable faster than others. This is because the convergent hillslopes 
drain much more slowly than the divergent hillslopes (Troch et al., 2003) and this process 
increases the saturated zone storage, which consequently decreases the factor of safety 
quickly. In contrast, in the divergent hillslopes which drain fast, even with 50 mm recharge 
per day, the slopes remain stable.  

With respect to the important role of subsurface flow on slope stability (e.g. Borga et 
al., 2002; Matsushi et al., 2006), the relation between variations of subsurface flow and the 
factor of safety has also been studied. Based on the results obtained by the HSB-SM model, 
the minimum safety factor coincides with the maximum rate of subsurface flow. In fact, an 
increase of subsurface flow leads to a decrease of stability in all hillslopes and vice versa. As 
the current model is limited to event-based analyses, further research is needed to present a 
probabilistic model of rainfall-triggered shallow landslides for complex hillslopes with 
changing rainfall input. This probabilistic model has been presented in Chapter 5. 

 
6.5. Application of a probabilistic model of rainfall-induced shallow 

landslides to complex hollows  
The aim of this chapter was to generalize a probabilistic model of rainfall-induced 

shallow landslides in complex hollows to investigate the relation between return period of 
rainfall, deposit thickness and landslide occurrence. The basis of this model is the same as the 
work presented by D’Odorico and Fagherazzi (2003), whose model describes the long-term 
evolution of colluvial deposits through a probabilistic soil mass balance at a point. Further 
building blocks of their model are: an infinite-slope stability analysis; a steady-state 
kinematic wave model of hollow groundwater hydrology; and a statistical model relating 
intensity, duration, and frequency of extreme precipitation. With respect to the limitation of 
the kinematic wave hydrology for gentle slopes and especially for hillslopes with convergent 
plan shape or a concave profile (Hilberts et al., 2004), we incorporated a more realistic 
description of hollow hydrology (HSB model) (Troch et al., 2003; Berne et al., 2005) in the 
stochastic landslide model. We applied the presented model in four realistic hollows. The 
results obtained by the KW and HSB models show significant differences, as in the KW 
model the diffusion term is ignored.  

We generalize our results by examining the stability of several hollow types with 
different plan shapes (different convergence degrees). For each hollow type, the minimum 
value of the landslide-triggering saturated depth corresponding to the triggering precipitation 
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(critical recharge rate) is computed for steep and gentle hollows. Long term analysis of 
shallow landslides by the presented model illustrates that all hollows show a quite different 
behavior from the stability view point. In hollows with more convergence, landslide 
occurrence is limited by the supply of deposits (supply limited regime) or the occurrence of 
rainfall events (event limited regime) while hollows with low convergence degree are 
unconditionally stable regardless of the soil thickness or rainfall intensity. Overall, our results 
show that in addition to the effect of slope angle, plan shape (convergence degree) also 
controls the subsurface flow and this process affects the probability distribution of landslide 
occurrence in different hollows. Finally, we conclude that incorporating a more realistic 
description of hollow hydrology (instead of the KW model) in landslide probability models is 
necessary, especially for hollows with a high convergence degree, which are more susceptible 
to landsliding.  

The main assumptions of the presented model are: infinite planar slope stability 
analysis; steady-state hydrology (no antecedent moisture); statistical model relating intensity-
duration-frequency of extreme precipitation based on the Gumbel extreme value distribution; 
growth of colluvial deposits in the hollow only due to transport of soil from uphill, not from 
physical weathering of the underlying bedrock; landslides scour the hollow to the bedrock. 
Note that similar assumptions regarding hillslope hydrology and stability have been 
employed by other researchers (e.g. Montgomery et al., 1998; Iida, 1999; D’Odorico and 
Fagherazzi, 2003; Rosso et al., 2006).  
 
6.6. Ideas for future research 

As vegetation plays an important role in improving slope stability and preventing mass 
movements (e.g. Waldron, 1977; Ziemer, 1981; Sidle et al., 1985; Greenway, 1987; Abe and 
Ziemer, 1991; Wu, 1995; Gray and Sotir, 1996; Montgomery et al., 2000; Norris et al., 2006), 
this component should be incorporated in the models presented in this thesis. Two ways are 
considered in which vegetation can affect slope stability: changes in the soil moisture regime 
and contribution to soil strength by the roots (O’Loughlin, 1974; Wu et al., 1979; Sidle, 1991; 
Schmidt et al., 2001). The first way is not particularly important for shallow landslides that 
occur during an extended rainy season, except possibly in the tropics and subtropics, where 
evapotranspiration is high throughout the year (Sidle, 2006). By incorporating models (e.g. 
Waldron, 1977; Wu et al., 1979; Gray and Sotir, 1996) to estimate the root resistance per unit 
area in the dynamic slope stability model (HSB-SM model, Talebi et al., 2007c), an 
integrated hillslope stability model can be presented. To consider the effect of 
evapotranpiration and interception, a water balance model for the unsaturated zone can also 
be incorporated in the presented model. Therefore, incorporating the vegetation component in 
the dynamic slope stability model is suggested as a next step for this research.  

Mapping areas susceptible to landslides is essential for land-use management and 
should become a standard tool to support land management decision-making. Recent 
advances in incorporating advanced GIS and DEM technology into distributed, physically 
based modeling (e.g. Montgomery and Dietrich, 1994; Wu and Sidle, 1995; Dhakal and Sidle, 
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2003; Iida, 2004; Hong et al., 2007) has facilitated the prediction of landslides at the 
catchment scale. Therefore, a next idea following this line of research could be landslide 
hazard mapping by incorporating the integrated hillslope stability model (the developed 
HSB-SM model) with GIS tools. For doing this, an effort should be made to scale up from 
hillslope to catchment. The result would be an improved slope stability screening tool.  This 
objective is met by uniformly describing and completely mapping all potentially unstable 
slope areas in the watershed.  Finally, landform hazard classification is linked to the 
identified sensitivity to land management practices.  
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Samenvatting 
 

De hydrologische reactie van een helling op regen gaat gepaard met een complexe, 
niet-stationaire interactie tussen de onverzadigde en verzadigde zones van de bodem, die in 
de meeste gevallen tot een stijging van de grondwaterspiegel leidt. Een toename in 
verzadigde grondwaterstroming kan het bezwijken van hellingen tot gevolg hebben. Om 
betrouwbare simulaties te kunnen uitvoeren van de stabiliteit van hellingen op 
landschapsschaal zijn eenvoudige (laag-dimensionale), maar fysisch realistische modellen 
nodig die kunnen omgaan met de drie-dimensionale vorm van hellingen waarin stroming en 
berging van grondwater plaatsvindt, zodat hydrologische processen op hellingsschaal op een 
correcte manier worden gerepresenteerd. In dit proefschrift wordt het verband tussen de 
vorm, de hydrologie en de stabiliteit van complexe hellingen en nissen onderzocht. 

In dit proefschrift worden verschillende modellen gepresenteerd die worden gebruikt 
om de stabiliteit van negen karakteristieke hellingtypen (landschapselementen) te 
onderzoeken, met drie verschillende krommingen in de lengterichting (concaaf, recht en 
convex) en drie in de dwarsrichting (convergent, parallel en divergent). Naast het testen van 
deze modellen voor negen verschillende hellingtypen wordt er een algemeen verband tussen 
de krommingen van de landschapselementen (hellingen) in lengte- en dwarsrichting en een 
veiligheidsfactor afgeleid voor een gegeven hellinglengte. Onze resultaten laten zien dat de 
stabiliteit van hellingen toeneemt als de kromming van het lengteprofiel van concaaf naar 
convex verandert. In termen van krommingen van het dwarsprofiel neemt de stabiliteit toe als 
de vorm verandert van convergent naar divergent, ongeacht de vorm van het lengteprofiel. 
Analyses van de veiligheidsfactor laten zien dat deze minimaal is als de grondwaterstroming 
maximaal is. Met andere woorden, de stabiliteit neemt altijd af met een toenemende 
grondwaterstroming, ongeacht de vorm van de helling. Na een regenbui worden convergente 
hellingen met concave en rechte profielen sneller instabiel dan andere hellingen, terwijl 
divergente convexe hellingen stabiel blijven (zelfs na intense regen). Er is ook gebleken dat 
hellingen met een variabele bodemdikte (mogelijk diepe aardverschuivingen) en met een 
convex lengteprofiel en een convergent dwarsprofiel een minimale veiligheidsfactor hebben 
op het uitstroompunt. Samenvattend kan gezegd worden dat, naast de hellingshoek van het 
onderliggende gesteente, de krommingen van een helling in lengte- en dwarsrichting een 
grote invloed hebben op de stabiliteit ervan. 

Met betrekking tot het verband tussen het voorkomen van regen en de instabiliteit van 
hellingen is een probabilistisch model van door regen geïnitieerde ondiepe 
aardverschuivingen in complexe nissen gebruikt om het verband tussen de herhalingstijd van 
regen, de depositiedikte en het voorkomen van aardverschuivingen te onderzoeken. Een 
lange-termijn analyse van ondiepe aardverschuivingen gesimuleerd met dit model laat zien 
dat alle nissen zich anders gedragen uit het oogpunt van stabiliteit. Tenslotte kan er worden 
geconcludeerd dat het nodig is om een realistischere beschrijving van de hydrologie van 
nissen te gebruiken (het hillslope-storage Boussinesq model in plaats van een kinematische 
golf model) voor het modelleren van de kans op aardverschuivingen, in het bijzonder voor 
zeer convexe nissen, die het meest gevoelig zijn voor aardverschuivingen. Dit model kan 
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worden gebruikt als hulp bij het onderzoeken van het verband tussen de herhalingstijd van 
regen en het voorkomen van aardverschuivingen in relatie tot bodemproductie 
(depositiedikte) in complexe nissen. 

Kort gezegd was het doel van dit proefschrift om theoretisch te begrijpen hoe 
hydrologische processen (grondwaterstroming en de dynamica van de grondwaterspiegel) de 
stabiliteit van de bodem van complexe hellingen en nissen beïnvloeden. De gepresenteerde 
modellen kunnen op een breed vlak worden toegepast bij het analyseren van de stabiliteit van 
hellingen vanwege de relatieve eenvoud van deze (laag-dimensionale) modellen. 
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بر اساس نتايج بدست آمده . ی با اشکال مختلف توپوگرافی مورد استفاده قرار گيردجهت تجزيه و تحليل پايداری دامنه ها
و با تغيير بارندگی روزانه در همه انواع دامنه ها، دامنه های همگرآ با پروفيل طولی مقعر و صاف سريع تر از دامنه 

 فرايند به اين علت است که دامنه های همگرآ آهسته تر از دامنه های ديگر اين. های ديگر به حالت ناپايداری می رسند
در مقابل دامنه های واگرآ که . زهکش شده و در نتيجه ذخيره اشباع خاک افزايش يافته و نهايتا پايداری کاهش می يابد

توجه به نقش مهم جريانهای  با . ميلی متر در روز هم پايدار می مانند50سريع تر زهکش می شوند، حتی در بارندگی 
زير سطحی در پايداری دامنه ها رابطه بين تغييرات جريانهای زير سطحی و ضريب پايداری هم مورد بررسی قرار 

حداقل ضريب پايداری ) (HSB-SM model,  Talebi et al., 2007بر اساس يافته های حاصل از مدل . گرفته است
در حقيقت اينگونه می توان بيان کرد که افزايش جريانهای زير . بق می باشدبا حداکثر دبی جريانهای زير سطحی منط

  .                                                                                         سطحی منجربه کاهش پايداری در همه اشکال دامنه ها می شود
 

در دامنه ) ايجاد شده توسط بارندگی(شهای سطحی  لغز زمينکاربرد يک مدل احتمالاتی:فصل پنجم
 های مرکب  

(Natural Hazards and Earth system sciences,  2007 (مقاله ارائه شده به مجله        
 

ارائه يک مدل احتمالاتی جهت بررسی رابطه بين دوره بازگشت بارندگی ضخامت رسوبات و  هدف از اين فصل        
 D’Odorico and(الگوی مدل بر اساس مدل ارائه شده توسط دودوريکو و فقرازی . وقوع لغزش می باشد
Fagherazzi (2003, ( می باشد که تکامل طولانی مدت رسوبات را از طريق يک مدل احتمالاتی بيلان خاک بررسی

، يک مدل )روش شيب نامحدود(معادله پايداری شيب : بخش های ديگر مدل ارائه شده از اين قرار است. می کند
 و يک مدل آماری مربوط به شدت مدت و فراوانی  (KW)هيدرولوژی آبهای زير زمينی بر اساس موج جنبشی

با توجه به محدوديت مدلهای هيدرولوژی موج جنبشی  در شيب های ملايم و مخصوصا همگرآ . بارندگيهای حداکثر
)Hilberts et al., 2004 (يدرولوژی دامنه در اين فصل ما يک مدل واقعی تر از ه)Troch et al., 2003; Berne 

et  al., 2005 (مدل ارائه شده ما در چهار دامنه حقيقی در طبيعت مورد . را وارد مدل احتمالاتی لغزش می کنيم
 اختلافات معنی داری نشان می دهد چراکه در HSB وKWنتايج بدست آمده از روش . ارزيابی قرار می کيرد

نهايتا مدل ارائه شده در انواع دره های با درجه . ناديده گرفته می شود) Diffusion( بخش پخشيدگی KWروش
که می تواند باعث (برای هرنوع  دره، حداقل عمق اشباع و ميزان بارندگی لازم . همگرايی مختلف بکار برده می شود

لغزشهای سطحی توسط مدل تجزيه و تحليل طولانی مدت . در شيب های تند و ملايم محاسبه می شود)  لغزش شود
در دره . ارائه شده به وضوح مشخص می کند که همه دره ها يک رفتار کاملا متفاوت از نظر پايداری نشان می دهند

های با درجه همگرايی بيشتر، احتمال لغزش به وجود رسوبات و وقوع بارندگی ارتباط دارد، درحاليکه دره های با 
سرانجام ما نتيجه می گيريم که جايگزين . رسوبات و وقوع بارندگی پايدار هستندهمگرايی کمتربدون توجه به وجود 

در مدلهای پايداری شيب ضروری ) KW(به جای مدل موج جنبشی ) HSB(نمودن يک مدل واقعی هيدرولوژی دامنه 
ق نشان می دهد بدين ترتيب، اين تحقي). مخصوصا در دره های با همگرايی زياد که مستعد لغزش می باشند(می باشد 

که علاوه بر زاويه شيب، شکل پلان دامنه و دره نيز جريانهای زيرسطحی را کنترل نموده و اين فرايند در توزيع 
 .   لغزش در دره ها و دامنه های مختلف اثر می گذاردزمين احتمالی
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صورت گرفته ) Infinit slope stability method(و روش شيب های نامحدود ) ,.Talebi et al 2007همکاران 
 Janbu (و يانبو) ,Bishop 1954(در مورد دوم نيز پايداری دامنه های مختلف با استفاده از روشهای بيشاپ . است

مورد تجزيه و تحليل قرار گرفته ) با و بدون در نظر گرفتن رطوبت منطقه غير اشباع(و در دو حالت مختلف ) 1955
علاوه . قه غير اشباع در چسبندگی خاک نيز در همه مدل های پايداری وارد گرديده استضمنا تاثيررطوبت منط. است

مدل های ارائه شده برای طيف وسيعی از دامنه های ) با توجه به شکل پلان و انحنای کف(بر بررسی نه دامنه اصلی 
مستعد (دامنه های با خاک کم عمق بر اساس يافته های ما، در . موجود در طبيعت مورد تجزيه و تحليل قرار گرفته است

با و بدون در (دامنه های همگرا با پروفيل طولی مقعر کمترين پايداری را در هر دو حالت )  لغزشهای سطحیزمين به
که کمترين ذخيره رطوبتی (در مقابل، دامنه های محدب واگرآ . نشان می دهند) نظر گرفتن رطوبت منطقه غير اشباع

 .                        ايداری را نشان می دهندبيشترين پ) را دارند
روش بيشاپ در ) مستعد به لغزشهای عميق(       جهت بررسی سطح لغزش بحرانی در دامنه های با عمق خاک متغير 

نتايج حاصله نشان می دهد نه تنها ضريب . وارد گرديد) ,.Talebi et al 2007طالبی و همکاران (مدل تحليلی پايداری 
يداری در دامنه های مختلف متفاوت است، بلکه محل سطح لغزش نيزبا توجه به شکل پلان و انحنای کف تغيير می پا
بطوريکه در دامنه های مقعر سطح لغزش در بالادست دامنه و در دامنه های محدب نزديک به خروجی دامنه واقع . کند

ر به پروفيل طولی دامنه مرتبط است تا به شکل پلان بنابر اين می توان گفت محل سطح لغزش بحرانی بيشت. می شود
دامنه های محدب همگرا کمترين ضريب  ،) واگرا و موازی،همگرا(نتيجتا برای يک شکل پلان مشخص دامنه . آن

  نيز درمدل,Janbu) 1955(علاوه بر مدل بيشاپ مدل غير دايره ای يانبو . پايداری را در قسمت خروجی دامنه دارند
نتايج حاصل از اين مدل ارائه شده نيز يافته . وارد گرديد) ,.Talebi et al 2007طالبی و همکاران (ايداری تحليلی پ

با توجه به نتايج . های قبلی را تاييد نموده، بطوريکه دامنه های همگرآ با پروفيل مقعر کمترين پايداری را نشان می دهند
می توان نتيجه گرفت )  در نظر گرفتن رطوبت منطقه غير اشباعبا و بدون(يکسان در دو حالت رطوبتی بررسی شده 

که در حالت ماندگار هيدرولوژی جهت بررسی پايداری دامنه می توان وزن مخصوص خاک اشباع و غير اشباع را 
با توجه به . يکسان فرض نمود و پايداری دامنه ها کاملا تحت تاثير تغييرات سطح آب زيرزمينی تعيين می گردد

در فصل چهارم مدل پايداری با در نظر گرفتن ) حالت ماندگار هيدرولوژی(ديت های مدل ارائه شده در اين بخش محدو
 . حالت ديناميک هيدرولوژی ارائه می گردد

 
 لغزشهای سطحی در دامنه  زمينيک مدل فيزيکی يک بعدی برای کنترل هيدرولوژيکی: فصل چهارم
 های مرکب 

( Earth Surface Processes and Landforms,  2007 (مقاله در حال چاپ در مجله        
 لغزشهای سطحی در دامنه های مرکب ارائه زمين  يک مدل فيزيکی جهت بررسی کنترل ديناميکیدر اين فصل       

يک مدل توپوگرافی با در نظر گرفتن مرفولوژی سه بعدی دامنه، : مدل ارائه شده شامل سه قسمت می باشد. می گردد
 Troch et al., 2003(ک مدل هيدرولوژی ديناميک جهت جريانهای زير سطحی و سطح آب زير زمينی دامنه ي
;2004, Hilberts ( ويک مدل پايداری)مدل ارائه شده در اين بخش . کلمب-بر اساس قانون موهر) شيب بی نهايت
)SM-HSB, odelMtability Soussinesq Btorage Sillslope H (شهای ايجاد شده توسط بارندگی قادر است لغز

بر اساس اين مدل، عکس العمل ديناميکی . را در دامنه های با بستر متغير و اشکال مختلف مورد بررسی قرار دهد
در اين مدل ميزان . دامنه های مرکب در طی بارندگی بستگی زيادی به شيب کف شکل پلان و انحنای کف بستر دارد

اين بدين معنی است که از تغييرات رطوبت . جايگزين می گردد) Recharge(ورودی يه تغذبارندگی روزانه با مقدار 
شايان ذکر است رطوبت منطقه غيراشباع بر مبنای قانون دارسی و (خاک در منطقه غير اشباع صرفنظر گرديده است 

ی مختلف بر اساس جفت جهت فائق آمدن بر اين فرض پايداری دامنه ها). با فرض تغييرات يکنواخت محاسبه شده است
بررسی پايداری . مورد بررسی قرار گرفته است) Hilberts et al., 2007(نمودن رطوبت منطقه اشباع و غير اشباع 

ذخيره اشباع (در هر دو حالت نتايج قابل مقايسه ای می دهد، بطوريکه پايداری دامنه عمدتا بر اساس تغييرات سطح آب 
 بطورايمنی می تواند) Troch et al., 2003(ن مدل ارائه شده توسط تورخ و همکاران بنابر اي. تعيين می گردد) خاک
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:تحقيقخلاصه   
 

مقدمه: فصل اول  
 

غيراشباع شده که - هيدرولوژيکی يک دامنه نسبت به بارندگی باعث ارتباط متقابل منطقه اشباع عکس العمل       
افزايش سطح آب و فشار آن با ايجاد يک نيروی بالايی می تواند . دمعمولا منجر به بالا آمدن سطح آب در دامنه می شو

افزايش جريان زيرزمينی اشباع باعث ايجاد يک مکانيسم ما شه ای جهت . باعث کاهش نيروی موثر توده خاک گردد
ی شيب کف و  ديناميکی يک دامنه قويا بستگی به شکل پلان، انحناعکس العملاز آنجا که . ناپايدار کردن دامنه می شود

) غير يکنواخت(زاويه شيب دارد، يک مدل سه بعدی ديناميکی هيدرولوژی دامنه جهت آناليز پايداری دامنه های مرکب 
معمولا جهت بررسی سه بعدی جريان آب زير زمينی از مدل سه بعدی ريچارد استفاده می شود . مورد نياز می با شد

  جهت جبران اين مشکل اخيرا تورخ و همکارانش. ل می باشدکه حل اين معادله بصورت سه بعدی بسيار مشک
)Troch et al. 2002, 2003 (اين مدلها کليه اشکال دامنه ها را بر . مدلهای کم بعد تری توسعه داده و ارائه کرده اند

داری در نظر گرفته و پيچيدگی مدلهای سه بعدی را به شکل معنی ) Fan and Bras, 1980(اساس ايده فن و براس 
را در نظر می ) مورفولوژی سه بعدی دامنه(ضمنا اين مدلها تغييرات عرض دامنه و انحنای کف بستر . کاهش می دهد

گيرد، لذا در اين تحقيق سعی بر آن است تا با توسعه مدل سه بعدی مورفولوژی دامنه و جريانهای زير زمينی، پايداری 
.                                                                                                                  ددامنه های مرکب مورد تجزيه و تحليل قرار گير

 
يک مدل پايداری شيب در شرايط ماندگار هيدرولوژی برای دامنه های مرکب: فصل دوم  

(Hydrological Processes, 2007 ( در مجله مقاله چاپ شده       
 

 ،همگرا(ايده ارائه شده در اين بخش يک مدل پايداری جهت بررسی رابطه بين شکل دامنه شامل عرض دامنه        
اين . با هيدرولوژی و پايداری دامنه های های مرکب می باشد ) صافو مقعر،محدب(و انحنای کف ) واگرا و موازی

 يک مدل هيدرولوژی در حالت ماندگار و يک مدل پايداری ،وپوگرافیيک مدل ت: مدل از سه قسمت تشکيل شده است
) از طريق شکل پلان و انحنای پروفيل( ارائه شده، اثر توپوگرافی دامنه را مدل هيدرولوژيکی. در شيب های نامحدود

لف مورد با تغيير اين دو عامل توپوگرافی ،  نه شکل اصلی جهت بررسی پايداری دامنه های مخت. در برمی گيرد
مخصوصا شکل (بر اساس نتايج بدست آمده علاوه بر شيب کف، خصوصيات توپوگرافی دامنه . استفاده قرار گرفت
جريانهای زير سطحی دامنه را کنترل نموده و اين فرايند باعث تغيير مقاومت خاک شده و نتيجتا در ) پلان و انحنای کف

عرض دامنه از حالت واگرآ به حالت همگرآ تغيير شکل می دهد، معمولا در واقع وقتی که . پايداری دامنه اثر می گذارد
بنابراين برای يک شکل پلان . اين تاثير در دامنه های با پروفيل مقعر کاملا واضح است. پايداری دامنه کاهش می يابد

مقعر و (يگر ، دامنه های محدب معمولا پايداری بيشتری نسبت به دامنه های د) موازی واگرا و،همگرا(مشخص 
با توجه به يکسان دانستن وزن مخصوص خاک اشباع و غير اشباع در حالت ماندگار هيدرولوژی در . دارند) موازی

.                 مدل ارائه شده، در فصل بعد اثر رطوبت منطقه غير شباع در پايداری دامنه مورد بررسی قرار می گيرد

                     
رطوبت خاک و پايداری دامنهذخيره : فصل سوم  

(Natural Hazards and Earth system sciences,  2007 (مقاله چاپ شده در مجله        
 

دامنه های ( در اين بخش نقش رطوبت منطقه غير اشباع در پايداری دامنه های مرکب  ذکر شد قبلاهمانطور که       
اين موضوع بر پايه محاسبه و تجزيه و تحليل ضريب . ر می گيردمورد تجزيه و تحليل قرا)  مختلف از نظر توپوگرافی

در دامنه های مرکب و با ) با و بدون در نظر گرفتن رطوبت منطقه غير اشباع(پايداری دامنه در دو حالت مختلف 
طالبی و(ری مورد اول با استفاده از مدل تحليلی پايدا. استفاده از دومدل مختلف پايداری مورد مطالعه قرار گرفته است   
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